YNOYPIEIO MNAIAEIAZ,
OPHXZKEYMATQN KAI AOAHTIZMOY
INZTITOYTO EKIMNAIAEYTIKHX
MOAITIKHZ

EYKAEIAEIA
FrEQMETPIA

API'YPOIOYAOZ HAIAZ
BAAMOZ NMANATIQTHX
KATZOYAHZ N'EQPTIOX
MAPKATHZ 2TYAIANOX
2IAEPHZ MOAYXPONHX

TOMOZX 20¢
KE®AAAIA 3.1 -3.15






EAAHNIKH MAOHMATIKH
ETAIPEIA

OMAAA 2YITTPA®HZz

ApyupotrouAog HAiag
A1dakTwWp MaBnuaTikwv
E.M.lMoAuTteyxveiou

BAduog MavayiwTtng
A1dakTwWP MadOnuaTtikwv
E.M.MoAuTteyveiou

KaroouAng Newpyiog
MaBnuaTikog

MapkaTng ZTUAIOVOC
Etrikoupog Kabnyntng, Touca
MaBnuaTtikwyv E.M. NoAuTexveiou

2i0epn¢g NMoAuxpovng
MaBnuaTIKOG, T. ZXOAIKOG
2UMBouAoG



IoTOopIKA ZNUEIOHATA:

BavdouAdkng lwavvng
A1dakTwp MavetmioTnuiouv M.
Lomonosov Mooxag lovio
MavemioTAMIO

®di1AoAoyikn EnipgAsia:
Anuntpiou EAgvn

EniIAoyn EIKOVMV:
NMoatradotrouAou Mtria

Eikovoypagpnon - ZeAidonoinon:
AAggotTOoUAOU KaiTn

MPOZAPMOI'H TOY BIBAIOY A
MAOGHTE2 ME MEIQMENH OPA2H
Ouada epyaciag Tou YTToupyegiou
Maideiag, Aila Biou Mabnong
Kal OpNOKEUNATWY




KED®AAAIO

Tpiywva

2TO KEQPAAQIO AUTO OOXOAOUMOOTE
ME TO TTAEOV OepeAIWOEC OXAMO TNG
EukAegidelag MNewpeTpiag, TTou gival
TO TPpiywvo. ApXIKA divoupe Ta
KPITAPIA ICOTNTOC TWV TPIYWVWV.
Q¢ epapHoOyn TWV KPITNRIWV AUTWV
TTAPOUCIA(OUME I0IOTNTES TWV
OTOIXEIWV TOU KUKAOU, TWV
ICOCKEAWV TPIYWVWYV, TG HECO-
KOaBETOU EVOUYPOAUMOU TUHAMATOG KAl
TNG OIXOTOMOU MIaG Ywviag. H peoco-



KAOeTOG KaI n O1XOTOMOG
gceTalovTal Kal ws Bacikoi
YEWMETPIKOI TOTTOI. 2TN OUVEXEIA
AVO@PEPOUNE CUVOTITIKA TNV Evvold
TNG CUMMETPING WG TTPOG KEVTPO Kl
agova Kol NEAETAME AVIOOTIKEG
OXEOEIC OTO TPIYWVO KaI TIG
EPAPMOYEGC TOUG OTN CUYKpPIO
KAOETWYV Kal TTAAYIWV THNUATWV.
Etriong, TTapoucialOUlE TIGC
OXETIKEC BECEIC EUOEIOG KOl KUKAOU,
KaOwGg Kal TIG OXETIKEG BEoeIg OUO
KUKAWYV. To KEQAAQIO KAEIVEI PE
KATTOIEC BACIKEC YEWMETPIKEG
KATOOKEUEG.
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6.\1 ZTOIXEIA Kal €I0N TPIYOVWV

‘Eva tpiywvo ABI (ox.1) £xel TpEIg
KOPUWPEG A, B, I, Tpeig TTAsupég BT,

A A
I'A, AB kal Tpeig ywvieg BATT, ABI

A
Kal BI' A. IN'a euKoAia ol TTAEUPEG
BI', A, AB cupBoAiovTal pye a, B, y

A A
avTtioTolxad, Kal ol ywviec BAl', ABTI

KOl BIF\A ME A, B kai I'. O1 TTAgupég
KOl Ol YWVIEG EVOG TPIYWVOU AEyO-
VTOIl KUPIa OTOIXEIA TOU TPIYWVOU.
To afpoicua a + B + y TWV TTAEUPWV
TOU TPIYWVOoU, OnAadn n TTePINETPOCS
TOU OUMBOAIeTal oUVNOWCG UE 2T.
2UYKPIVOVTOG TIG TTAEUPEG £VOG TPI-
YWVOU, HETAEU TOUG, TTPOKUTITOUV
Tpid €idN TPIYWVWYV: TO OKAANVO, TO
IC0OOCKEAEG Kal TO 1I00TTAEUpPO. ETOI,
Eva TPIywVvo AELyeTal:



\_I

2xnua 1

® OKaANVvo, 0Tav éXel OAEG TIG
TTAEUPEG TOU AVIOEG (OX.2),

® ICOOKEAEC, OTAV £XEl BUO TTAEUPES
TOU i0€G (0X.3). Z& Eva ICOOKEAEGQ
Tpiywvo ABI ye AB = Al n TAeupd
BI" AéyeTal Baon Tou Kai 1o A
KOpuU®Pn Tou,

® I00NAEUPO, OTAV £XEI ONEC TIC
TTAEUPEG TOU 10€C (OX.4).



o
B r

2XAMa 2

A
OKEAEG
B r

2xnua 3




‘Eva tpiywvo, avaAoya PE To €id00G
TWV YWVIWV TOU, AEYETAI

® OEUYWVIO, OTaV £XElI OAEG TIG
YWVIEG TOU 0&Eigg (0X.9),

e 0pOOYWVIO, OTAV £XEI MIA YWVid
opOn (ox.6). Z& Eva opBoywvio
TPIYWVO N TTAEUpd TTOU BPIiCKETAI
atrévavTi a1rd TV opdn ywvia
AéyETAI UNOTEIVOUOA KAl Ol AAAEG
U0 AfyovTal KAOETEC NAEUPEC TOU
TPIYWVOU,

e AuBAUY®VIO, OTAV £XEI HIA ywVia
auBAcia (ox.7).

A 2
2XAMO 5
N Y




4 )

I opBoywvio

A B
\Zxﬁua 6 Y
r )

auBAuywvio
B

A

\_ XXnpa7

e AEUTEPEUOVTA OTOIXEIA
TPIYWVOU

AIGHECOG £VOC TPIYWVOU AEYETAI TO
EUBUYPOUMO THAMO TTOU EVWVEI MIA
KOPU®PN ME TO NECO TNG ATTEVAVTI
TTAEUPAG. 2TO OX.8 TO EVUOBUYpOUMO




TuAMa AM gival n d1IGuNECOG TTOU
OVTIOTOIXEI OTNV TTAEUPA O TOU
Tpiywvou ABI kal cupBoAileTal pe
Mo. O1 O1AuECOI TTOU AVTICTOIXOUV
OTIG TTAEUPEG B Kal Y cuuBoAilovTal
ME Ug KOl My OVTIOTOIXO.

A )
Ha

B m U
2xnua 8

AIXOTOHOC MHIOC YWViAC EVOG
TPIYWVOU AEYETOI TO EUBUYPOAUMO
TMAMA TNG OIXOTOMOU TNG YWVIAG,
aT1rd TNV KOPU®PN TNG MEXPI TNV
ATTEVAVTI TTAEUPA. 2TO OX.9 TO
gubuypaupo TuApa AA givail n

A
OIXOTOMOG TNS YWViag A TOU



TPIYWVOU Kol OUMBOAICETAI ME Of.

, , A A
O1 d1XOTOMOI TWV YWVIWV B Kal [

TOU TPpIywvou oulfoAiovTal ue dg
Kal &y avTioTOIXO.

A )
Sq
-
Y
2Xnua 9

"YPOC TPIYWVOU AEyeTOl TO KABETO
EUBUYPOAUMO THAMO, TTOU PEPETAI
aTrd MIO KOPUPN TTPOG TNV gUdsia
TNG ATTEVAVTI TTAEUPAS. Ta Uywn TTOU
PEpoOVTAl AaTTO TIG KOPUPES A, B Kal
I cupBoAilovTal AVTIOTOIXO ME Uqg ,
Ug KOl Uy.



210 0X.10 TO AA €ival To UYOGS ATTO
TNV Kopu®n A. To onueio A AfyeTai
npoBoAn Tou A TTavw oTnv gudsia
Bl i} Kal IXVOC TG KaBETOU, TTOU
PEPETAI OTTO TO A OTNnV €uBeia BI'.
O1 d1dueool, 01 OIXOTOMOI KOl TO UYn
EVOC TPIYWVOU AéyovTal
OcUTEPEUOVTA OTOIXEIA TOU.

/A (a) \

(B)




KpiTRpia 100TNTAC TPIYWV®V
Eidape 611 U0 guBUYpapua
OXNMOTA, ETTONEVWGS Kl OUO TPI-
Ywva, €ival ica av JETA ATTO
KATAAANAN METATOTTION TAUTI(OVTAI.
2UVETTWG:

e AUO ioa TPIywVa EXOUV TIG
NAEUPEC TOUC KAl TIG YWVIEC TOUC
ICEC pia NPog pida.

e 2 OUO ioa TPIiywVa AneEvavri
ano I0€C NAEUPEC BpioKOVTAI IOEC
YWVIEG KAl avTioTpogpa.

Ol ioegg TTAgUpPEC TTOU BpioKovTal
ATTEVAVTI OTTO iIC0EC YWVIEG AEyovTal
GaVTIOTOIXEG I} OMOAOYEG.

2TNV evoTnTa auTtrh 6a dwoouue
TTPOTACEIG, TTOU O HaG AT @OaAI-
Couv TNV 100TNTA OUO TPIYWVWV
OTTO TNV 1060TNTA TPIWV POVO
KATAAANAWYV OTOIXEIWV TOUG.

O1 TTPOTACEIG AUTEC ATTOTEAOUV TO

KPITAPIO IoéTTai T&lru’ovwv.



6.\2 10 KpiTrip1o 100TNTAC
TRPIYOVOV

irnpio - NN
Av dU0 Tpiywva £xouv duo
NAEUPEG IOEC Hia NPOGC Hia Kal
TIC NEPIEXOHEVEC OE AUTEC
YWVIEC IOEC, TOTE Eival ioa.

2XOAIO

H ocuvtopoypa@ia NI onuaivel
TTAEUPA, Ywvia, TTAEUpPA.

AnodeiEn

Ac uttoBEooupue OTI Ta Tpiywva ABI
Kai A'BT" éxouv AB = A'B', Al = AT
Kal A = A (ox.11). MeTatotriCoupuE
TO TPpiywvo A'B'T’, woTE TO onueio
A’ va TaUTIOTEI JE TO A KOI N
nUIeVOeia A'B' va TaUTIOTEI ME TNV



AB. Etrei1dn A\:R'Kdl N nMIEVOEia
A'l”" 0a TautioBei pe Tnv All. TOoTe,
apou AB = A'B' kai Al' = AT, To
onueio B’ TautifeTal ue To B Kai 10
" ye To I'. ETrOpéVWG Ta U0
TPIyWVO CUNTTITTITOUV, Apd gival iod.

2xnua 11

2 € KAOE I000KEAEC TPIYWVO:
e OI NPOOKEIPNEVEC OTN Baon
YWVIEG EIval I0EC.



e H d1XO0TOHOG TNG YWVIAC TNG
KOPUPNG €ival S1aNECOC Kal UYOC.

Anodsi€n

‘EoTtw 1000KeEAEG TPpiywWvVO ABI pe
AB = Al (ox.12). P€poupe TN
oi1xotouo Tou AA. Ta Tpivwva AAB
Kal AAl éxouv AB = Al', AA koivi

A A
Kai A; = A, (M), eTropévwg givai

) AN A
iloa, oTToTEB=T .
AT TNV id1a 100TNTA TPIYWVWV

TPOKUTTTEI OTI BA = Al, oré1E n AA
A A
gival d1apecog Kal A; = A, . ATTé TV

TEAEUTAIO 1I0OTNTO KAl ETTEION
A A

A1+ Az=180° TrpokUTITEl OTH

A A

A; = A>=90° oTr6TE CUPTTEPAiIVOU-
ME OTI TO AA gival UYog Tou

TPIYWVOU.
19/ 37



2xAua 12

O1 Y®WVIEC ICONAEUPOU TPIYMDVOU
gival ioEC.

KaOe onpeio TNC HECOKABETOU
EVOC EUOUYPANHOU TUNHATOC
ICANEXElI ANO TA AKPA TOU.



Anodsi€n

‘EOTW € N HEOOKAOBETOG £VOG
TuAMaTog AB (ox.13) kai M Eva
onueio TnG. Ta Tpiywva MKA kai
MKB £xouv KA = KB, MK koivi Kai

A A
Ki=K;=90° (Mrn), eropévwg givai
ioca, orrote MA = MB.

3
4 )
S 12 B
L
2xnua 13

[MTOPIZMA IV

Av dUO0 TOEO EVOG KUKAOU Eivai
104, TOTE Kal o1 XOpOEC TOUG Eival

I0EG.
21/ 37



Anodsi€n

Vo N

‘EoTtw AB Kai A OUo ioa TOEA £VOG
KUKAou (O,p) (ox.14). ToTe gival

A A
AOB =TOA. Ta tpiyvwva OAB kai
OlA ¢xouv OA=0I(=p), OB =

A A
= OA(= p) ka1 AOB =T OA.
ETropévwg gival ioca, OTToTE
AB =TA.

A

-
0
B
A/
TxAua 14



EOAPMOIH

Aiveral eubuypappo TuRHa AB, n
HECOKAOETOG TOU € KAl onueEio M
NG € (0X.15). ZTIC NPOEKTAOEIC
TV AM kai BM npog To M
naipvoupe avrioToixa Ta onueia I,
A, ®ote MI' = MA. Na anodei&eTe
oTi: , A

(i) MAB = MBA,

(i1) AA = BI.
A € I
M
A B
2xnua 15



Auon
(1) ETreidn To M €ival onueEio TnG
pEoOKOOETOU € TOU AB €ival
MA = MB, eTONEVWG TO TPIYWVO
MAB gival ICOOKEAEG, OTTOTE

A
I\/I,IA\\B = MBA.
(INTa Tpiywva MAA ka1 MBI™ éxouv
MA = MB, MI' = MA (utr66gon) kai

A A
M; = My (KaTakopu@nv), apa (M)
gival ioca, omrote AA = BI'.

2XOAIO

H 1o06TnTa TPIYWVWV Eival N
Baoikn pEOODOC Yia TNV ATTOdEIEN
TNG 1I00TNTAG TUNMATWYV I
YWVIWV.

Aoknoeic Epnedmwonc
1. 270 EEWTEPIKO EVOG TPIYWVOU
ABI Oswpoupe Tunuata AA = AB



Kal AE = Al', wote BAA =T'AAE. Na
atrodeiéete 0TI BE = TNA.

2. 2e 100TTAEUpO TPpiywvo ABI
TTPOEKTEIVOUUE TIG TTAEUPEG AB, BI,
["A KOl OTIG TTPOEKTACEIG TOUG
Oewpoupue TuRuata BK =TA = AM.
Na atrodeigete OTI TO TPiywvo KAM
gival ICOTTAEUPO.

3. Na atrodeieTe 0TI OTIG ONOAOYEG
TTAEUPEG OUO ICWYV TPIYWVWYV
QVTIOTOIXOUV iC€EC DIAUETOL.

4. EoTtw 1piywvo ABI kai AA n

A
OIXOTOHNOG TNS A OTNV OTTOix
Bewpoupe Tunuata AE = AB
kai AZ = Al'. Na

A A
atrodeiere OTI Al'E = AZB.
AnNoOJEIKTIKEC AOKNOEIC

1. Eotw 1tpiywvo ABI kai K onueio
ECWTEPIKO TOU TPIYWVOU. AV OTIG
mpoeKkTaoelg Twy AK, BK, TK



Bewpnooupue Tunuata KA = AK,
KE = BK, KZ =TK, va atrod&iete OTI

A A
EAZ = BAI.
2. AiveTal 1I000KeEAEG Tpiywvo ABIN
2TIG TTPOEKTAOCEIG TWV iICWV
mTAsupwyv ToU BA, A Bswpoupjc ica
TuRuata AA, AE avrioToixa. Av M
TO M€oo TG Baong BI', va
atrodeigete OTI TO TPiywvo MAE
EiVal ICOOKEAEG.
3. AiveTtal KUKAOG KévTpou O Kai
xopon Tou AB. lNpoEKTEIVOUUE TV
AB ka1 TTpog Ta OUO TNG AKPO, KATA
ica TunpaTa Al kal BA avTtioToixa.

A A
Na atrodei¢ete 0TI OI'A = OAB.



6.?3 20 Kp1Tnpio 100TNTAC
TRPIYOVOV

Me tn BonnOsia Tou 10U KpITnPioU
ATTOOEIKVUOUME TO 20 KaI 30

KPITAPIO ICOTNTAC TPIYWVWV.

Av duo Tpiywva £Xouv Hia
NAEUPA Kal TIC NPOOCKEINEVEC OE
auTn YWVIEG I0EC Hia Npo¢ Hiaq,
TOTE TA TPIywva €ivail iod.

2XOAIO0

H cuvtopoypagia NI onuaivel
ywvia, TTAsupd, ywvia.

Anodsi€n

‘EoTtw oT11 Ta Tpiywva ABIT kai A'B'T™

A A
(cx 16) gxouv Bl =BT, B = B' ka

I' I"



Oa atrodeioupe OTI £XOUV Kl

AB = A'B'. 'EocTtw o011 AB # A'B’, 1r.X.
AB > A'B'. ToTe uttapxel onueio A
otnv AB, woTe va gival BA = B'A’'.
Ta Tpiywva ABI" kal A'BT" €xouv

A A
Bl =BT', BA =B'A' ka1 B = B’,
geropEvwg (MFM) eival ioca, oTroTe

A A A A A A
BFA=T.ANaI"=T,omote BrA=T

TTOU €ival ATOTTO, YIaTi TO A €ival
A

EOWTEPIKO onMEio TS Ywviag Al'B

A A
Kol eTTopévwg BIMA < T, Odnynon-
KOME OE ATOTTO YIOTI UTTOBECAE OTI
AB # A'B’, apa AB = A'B'. Ta
Tpiywva, Aoitrov, ABIT ka1 A'B'T
gxouv BI' =B'T', AB = A'B’ kai

A A

B = B', apa (MI'M) givai ioa.
*Znueiwon: To Trapatravw
Oewpnua ptropei va atrodeix0ei Kai



ME TN MEOODO TNG METATOTTIONG,
OTTWGS TO Bewpnua | (oeA. 19).

SR

2xnua 16

6.:1 30 KpiTnpio 100TNTAG
TPIYOV®OV

H 1ioc6TnTa dUo TpIiywvwy
eCaoc@AAi(eTal KOl OTTO TNV 100TNTA
TWV TPIWV TTAEUPWYV TOUG, Hid TTPOG



Mia, OTTWG Hag BeBaiwvel TO
ETTOMEVO Bswpnua.

Oewpnua (30 Kpirnpio - MMM
Av U0 TPiywVva £XOUV TIC
NAEUPEC TOUC I0EC Hia NPOC Hiaq,
TOTE TA TPIYyWvA Eival iod.

2XOAIO
H cuvtoupoypagia MMM onuaivel
TTAEUPA, TTAEUPQA, TTAEUPA.

Anode&i&n

OQcwpoupe Ta Tpiyvwva ABI kai
A'BT' ye AB = A'B', Bl =B'T",
FA=T"A'(ox.17). ApKEI va
a1TodEICOUME OTI A A' YTroBEToupe

OTI TA TPIYWVA €ival OEUYWVIO.
OewpPOUHE TNV NUIEVOEia Bx, woTE

A A
I'Bx = B' (ox.17) ka1 onpeio TG A,
woTte BA = A'B'. Ta tpiywva ABI



Kal A'B'l™ gival ioa, yiaTi EXouv
A A
Bl =BT, BA=A'B'kai 'BA =B'.
ATTO TNV 1I00TNTA AUTH TTPOKUTTTEI
A A
oTITA=T'A"ka1 A=A"

Ca )




Eme1d BA = A'B' ka1 A'B' = AB, 10
TPiywvo ABA gival ICOOKEAEG,
OTTOTE

A A
A]_ — A]_ (1)

Etriong, apou I'A = AT kai
A'l" = Al', TTpoKUTTTEI OTI

A A
A2 — Az (2)

Etreidn Ta Tpiywva gival oguywvia

TO THAMO AA BpioKkeTal OTO
A A

ECWTEPIKO TWV YWVIWYV A Kal A,
OTTOTE ME TTPOCOeoN TWV (1) Kai (2)

A A A A
TPOKUTITEIOTIA = A. ETTeidn A= A’,
Exoupe A = A', TTou gival 1o
{NTOUMEVO.



ApaoTnpioTnTa

E¢eTaoTE TIGC AAAEG BUO
TTEPITITWOEIG TNG
a1Tod£€IENG TOU 30U
KpiTnpiou:

i) B >90° ka1 B'>90°.
i) B =90° ka1 B' =90°.

Me tn BonBeia Tou kpitnpiou MMM
ATTOOEIKVUOVTAI TO ETTOMEVA
TTOopIiCHATA.

H 31aUE00GC 1I000KEAOUC TPIYWVOU,
Nnou avTIOTOIXEI oTn Baon Tou,
gival O1XOTOHOG Kal UYOC.

AnodeiEn

‘EoTw 1000KEAEG TPpiYyWVO ABI pe
AB=AI ka1 AA n d1GuECOG TOU
(ox.18). Ta Tpiywva ABA kai Al'A
gxouv AB=AI", AA koivi kai1 BA=AT,



A A
apa (IMMN) eival ica, orote A1 = Ao,

A A
Kal A1 = Ay, ATTO TIG 1I00TNTEG AUTEG

TTPOKUTTTEI avTioToIXda OTI N AA givai
OIXOTOMOG Kal UYOG.

2xAua 18

KaOe onpeio nou 1canEXeEl ano 1a
aKpa £VOC THNHATOC AVNKEI OTN
HECOKAOETO TOU.

Anodsi€n
‘EoTw guBuypauupo TuRua AB
(ox.19), M éva onueio, woTe



MA = MB ka1 K To yéco tou AB.
ToTte 1o TPpiywvo AMB €ival ICOOKE-
A€g Kal n MK 01duecog ToU, OTTOTE
CUNPWVA UE TO TTPONYOUHEVO TTO-
pioua, n MK Ba gival kal Upog dnAa-
on n MK gival pecokabetog Tou AB.

e

M
f i
A K B
N\ /
2xAua 19

ATTO TO TTAPATTAVW TTOPICHA KOI TO
mopioua lll Tou Bewpnuartog | (§3.2)
TTPOKUTITEI OTI N HEOOKAOETOC EVOG
guOUypapouU THAHATOG Eival O
YEWHETPIKOC TONOG TWV CNHEIWV



TOU ENINEJOU NOU ICANEXOUV ANO
T4 AKPA TOU THRHATOC.

ApaoTnpioTnTa

Na BpeOei onueio TTOU
ICATTEXEI ATTO TIG
KOPUPEG EVOG TPIYWVOU

Av o1 X0pOeC OUO TOEWV EVOC
KUKAOU, HIKPOTEPWYV TOU
NUIKUKAIOU, €ival I0EC, TOTE KAl TA
TOEA €ival iod.

AnodeiEn . .
‘EoTtw OUO0 16 AB Kkai IN'A evog
KUKAou (O,p) MIKpOTEPO TOU
NUIKUKAiIiou, ye AB =T'A. Tote Ta
Tpiywva OAB kal OI'A (oy.20)



gxouv: OA= Ol (=p), OB = OA(=p)
Kal AB =TA, dpa (I'II'II'I) gival ioa.

Enopevwg, AOB I'OA OTTOTE
AB = FA.

A )
r
o
B
A/
2xnua 20

Av 01 XOpdEC dUO TOEWV EVOC
KUKAOU HEYAAUTEPWV TOU

NUIKUKAIOU €lval I0EC, TOTE KAl TA
TOEA €ival iod.



NMAPATHPHZH

A1ro Ta Tropiocpata Il ko IV
TTPOKUTTTEI OTI VIO VO KATOOKEUA-
OOUME iod TOCO TTAVW O€ EvayV
KUKAO N 0€ iI0OUG KUKAOUG apPKEi
VO TTOPOUME, ME TO DIABATN, IOES
XOpOEC.

ANAKE®AAAIQZH

‘OA&g o1 TTOPATTAVW TTEPITITWOEIG
I00TNTAG TPIYWVWYV OIATUTTWVOVTAI
OUVOTITIKAO WG £ENG:

AUo Tpiywva €ival ioa oTav £XOUV:
e OUO NAEUPEC IOEC Hia NPoG Hia
Kal TIC NEPIEXOHEVEG OE AUTEG
vywvieg ioec (M),

e HIa NAEUPA KAl TIC
NPOOCKEINEVEG OE AUTN YWVIEG IOEG
pia npog pia (FAr),

® Kdal TIC TPEIC NAEUPEC IOEC Hia
npoc pia (MNM).



EOAPMOIH 1n

OewWpPOUNE Ywvia xay kal duo
kUkAoug (O,p), (O,R) pe p < K
(ox.21). Av 0 NPpWTOC KUKAOG
TEUVEI TIC NAEUpEC OY, Oy oTa A,
B, 0 dsuTtepog ota I, A kan M givai
TO ONHEio TOUNG TwV AA, Br, va
anode&ixOei oTi:

(i) Ta Tpiywva OAA ka1 OBT sivai
ioq,

(ii) Ta Tpiyova MAI ka1 MBA &ival
ioq,

(iii) Ta Tpiyova OAM ka1 OBM
givai ioq,

(iv) n OM &ivai n 31XOTOHOG TNC

A
x0y.



Anodsi&n
(1) Ta Tpiywva OAA ka1 OBIT eéxouv

A
OA=0B (=p), O =0OA(=R) ka1 O
koivny (MI'T), eTropévwg gival ioa.
(1) A6 TNV TTPONYOUMEVN I00TNTA
A A A
mpoKUTITEI 6TI A1 =B R 180° - A, =
A A A A A
= 180° - Bzr'] A2: B, Kal r1=Ar
ETTouévwg, Ta Tpiywva MAI kai

A A
MBA €xouv Al = BA, A, = B> kai

A A
L =A, (I'MrN), apa givai ica.



(i11) ATT6 TO (ii) TTPOKUTTTEI OTI
MA=MB, otroTe Ta Tpiywva OAM kai
OBM £xouv OA = OB, MA = MB kai
OM koivn (MMM), apa givail ioa.

(iv) ETreidn Ta tpiywva OAM kai

A A
OBM cival ioca, éxoupe o011 O = 05, ,
onAadn n OM gival n dIXOTONOG TNG

A
XQOQy.

2XOAIO

H epappoyn 1 divel Eévav TpoTTO

KATOOKEUNGS TNG OIXOTOMOU MIOG
YwViag.

E®APMOIH 2n

Avo Tpiywva ABT kai A'B'T' exouv
B=PB,y =Y kai yg = pg' . Na
anode&i&eTE OTI TA TPIYyWVA Eival
ioa.




B I B I
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Anodsi€n

E¢eTaloupe TTpwTa Ta TPiywva ABM
Kalt A'B'M' (ox.22). AuTta €xouv

AB = A'B’, BM = BM' (a1 tnv
utreBeon) kait AM =A'M', wg pioa
TWV iowv TTAsupwyv Al kair A'T.
Apa, Ta Tpiywva ABM ka1 A'B'M

A A
givail ica (M), orote A = A'.
ETropévwg, Ta Tpiywva ABIT kai

A A
A'BT €xouvfB=B,vy=v' ka1 A=A,
apa (MrM) eivai ica.



A2KH2EIZ T'IA AYZH

Epwtnoeic Karavonong
1. XapakKTnpioTe WG owoTh () N
Ad0Bog (A) KaBepia ATTO TIG ETTOMEVEG

TTPOTACEIG:
IyEva Tpiywvo €ival o¢uywvio OoTav
MiOa Ywvia TOU gival o&eia. 2 A

iiyEva Tpiywvo gival okaAnvo étav
OUO TTAEUpPEG TOU €ival avioes. 2 A
2. AIOTUTTWOTE TA TPIA KPITAPIA
I0OTNTAG TPIYWVWV.

3. ZUNTTANPWOTE TA KEVA:

1) 2& KABE I00OKEAEG TPIYWVO N
OIXOTOMOG TNG YWVIOGS TG KOPUWPNG
4 1Y/ o |
1) 2& KAOE 1I000KEAEC TPIYWVO N
OIAUECOC TTOU OVTIOTOIXEI OTN Baon
TOU EIVOI vvvvvieeiinnninnnnnnnnnns
111)’Eva onueio M BpiokeTal oTn
MECOKAOETO VoG TUNMOTOG AB,
OTOV uriiiererrrrrrrrsesnnnnnnnnnnnnnnnnnnnnns



IV) AUO TOO EVOG KUKAOU gival ioq,

Aoknoeic Epnedmonc
1. Avo Tpiywva ABI kai A'BT”
ExouvpB=R,y=y kA=A Av
gival TO ONUEIO TOMAG TWV
oi1xotopwyv AA kai BE Tou Tpiywvou
ABI kai I' To onueio TONAG TWV
oixotouwyv A'A' kait BE' Tou A'B'T”
VO OTTOOEIETE OTI:
1) AA=A'A'kai BE =B'E’
1) Al=A'l' ki Bl =B'l'.
2. Avo Tpiywva ABI" kai A'BT™

A A
gxouv B =", A=A'Kal 0y = Oq,- N
aTTOOEICETE OTI:

A A

) =17,
) a=a' Kary =y'.
3. Z& Tpiywvo ABI TTpoeKTEIVOUME
Tn d1adpueco AM kata ico Tunua MA.



Na atrodeigeTe OTI T TPpiywva ABI
Kal BI'A gival ioa.

AnNOOEIKTIKEC AOKNOEIC

1. Na atrodeigeTe OTI 01 OIXOTOMOI
TWV YWVIWV TG BAONG IC0OCKEAOUG
TPIYWVOU €ival ICEG.

2. Av AA’, BB' kai I'T" gival Tpeig
OIAUETPOI KUKAOU (BA. oxAMa), va
atrodeigeTe OTI Ta TPpiywva ABIT kai
A'B'T" gival ioa.

3. Z€ £€va KUPTO TeTpaTTAEUPO ABI'A
A

A
gival AB=TA ka1 B=T. Na

A A
atrodeigeTe OTI A = A,



ZUvOeTa OEpaTa

1. Oewpoupe dUo ica Tpiywva ABI
Kai A'BT". H diauecog AM kai n
oi1xotopog BA tou ABI TéuvovTai
oT10 O, evw n avTtioToixn di1apecog A
'M' ka1 n avtioTtoixn dixotouog B'A’
Tou A'B'I"" T€EpuvovTtal oto O'. Na
aTTOOEICETE OTI:

i) BA=B"'A',

i) BIAM = B'A'M',

i) Ta Tpiywva ABO kai A'B'O’ givai
ioq,

iv) A©@ = A'O’ ka1 OA = O'A".

2. Avo Tuauata AB kai IN'A €xouv
TNV i010 HEOOKAOETO €. AV N € KAI N
MEOoOKAOBETOG TOU Al TEMVOVTAI, VO
ATTOOEICETE OTI ATTO TO ONMEIO TOUNG
TOUG OIEPXETAI KOI N MECOKAOETOC
Tou BA.

3. 'TEoTw 1000KEAEG TPiywVOo ABIT
(AB = Al'). H peocokaBeTog TNG TTAEU-



pac Al TEpveEl TNV TTPpOoEKTOON TNG B
o10 A. lNpoekTeivoupue Tn AA KaTd

1) TO TPpiywvo AAI gival ¢
ICOOCKEAEG,

1) To TPpiywvo IN'AE civai
ETTIONG ICOOKEAEG.

6.?‘: "Ynap&n kail povadikoTnra
KaOeToU

2TO 20 KEQPAAAIO avVa@EPONKAUE
oTNV KABETN TTOU PEPETAI ATTO
onueio o€ gubgia. ZTnv TTOPOUCA
TTAPAYPOPO 00 HEAETAOOUME TN
MOVOOIKOTNTA KaI TNV UTTAPEN TNG.

AnoO onHEIo EKTOC eUBsiac
O1EpXETAI HOVADIKN KAOETOG
oTnVv £UOEidq.




Anodsi€n
‘EoTtw gubeia x'x, onueio A €KTOG

aUTAG Kal onueio M Tng x'x (oX.23).

2xAua 23

Av n AM gival KAOeTn oTnV X'X, TOTE
TO Oewpnua ICXUEI WG TTPOGS TNV
UtTapé¢n TnS Kabstou. 'EoTw OTI N
AM d¢gv gival KaBeTn oTnv X'X. ZT0
NUIETTITTEDOO TTOU OPIdEl N X'X KOl OEV
TEPIEXEI TO A BEwpPOUE TNV
nUIevOeia My woTe va givai



A A
XMy = AMX Kal TTavw O€ aUTn

onueio B, wote MA = MB. Etrei1dn ta
onueia A,B gival ekaTtépwBev TNG
X'X, N X'X TEMvElI TNV AB o€ Eva
EOWTEPIKO onuEio, EoTw K. Apou

A
MA = MB kal I\I>I1 = M5, n MK givai
OIXOTOMOG OTO ICOOCKEAEC TPIYWVO
MAB, apa givail Kal UYog Kai
emopévwg AB_L x'X.

‘EoTw OTI UTTAPXEI KOl AAAN gubBsia
AA KAOeTn oTtnv xX'X . TOTE TA
Tpiywva AMA kai BMA gival ioq,

ylom axouv MA koiviy, MA = MB Kal

A
I\/Il = Mz, OTTOTE Ba gival Kal A1 = N\o.

Opwce l\l = 90°, dpa Kal l\2 = 90°,
A A
omroTe A1 + A, = 180° To o1roiO ON-

Maivel OTI Ta onueia A,A,B givai
ouveuBeiakd, onAadn n AA



TauTideTal pe Tnv AK, 110U €ival
ATOTTO.

6.\6 KpiTnpia 100TNTAac
opBoymVI®V TPIYOV®V

E1re1dn 6Uo opOloywvia Tpiywva
EXOUV HIO ywvia ion, TnVv opon, atro
10 10 (MI'M) ka1 20 (I'MIN) kKpITAPIO
I00TNTAG TUXAIWYV TPIYWVWV
TTPOKUTTTEI AMECA OTI:

e AUo opBoywvia Tpiymva, Nou
EXOUV TIC KAOETEC NAEUPEC TOUC
I0EC pia nNpog pia, ivail iod.
(ox.24).

e AUo opBoymwvia Tpiymva, nou
EXOUV HIa KAOeTN NAgupa kai TNV
NPOCKEIMEVN O€ auTn O&Eia ywvia
I0EC pia npog Hia, givail ioa
(ox.25).



2XNMa 25



H 1ioc6TnTO 0pBOoyWVIWY TPIYWVWYV
£CAC@AAICETOI AKOMN KOl OTTO TA
ETTOMEVA BEwpnUATA.

Av duo opOoywvia Tpiywva
£XOUV TNV UNOTEIVOUOO KAl Hia
o&eia ywvia avrTioToiXa I0eG pia
npoc Hia, TOTE €ival iod.

Anodsi&n

‘EoTtw 0vo Tpivywva ABIT ka1 A'B'T™
ue A=A'=90° Bl =B'T" ka1 B =B’
(0x.26). Oa atrodei§oupe OTI €ival
Kai AB = A'B'. ' Eotw o611 AB # A'B’,
m.X. AB > A'B'. Téte oTnVv mTALupd
BA utrapyel onueio A, woTe

BA = A'B".

Ta Tpiywva ABI™ kai A'B I éxouv

Bl =B'T", AB = A'B' kai B B'
ETTOMEVWG Eival IO, OTTOTE B gival



\
\

U
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A=A'=90° dnAadn M'A L AB.
‘Etol éxoupe FTA_L ABkai F'A_ AB
TTOU €ival ATOTTo (MOVAdIKOTNTA
KaBETtou). OdNynONKaue o€ ATOTTO
viaTti utTtoBéoape 611 AB # A'B'. Apa
AB = A'B’, otroTe Ta Tpiywva ABI
Kail A'B'T gival ioq, yiaTi £Exouv

Bl =BT, BA=B'A'ka1 B =B’
().



Av duo opOoywvia Tpiymva
£XOUV TNV UMNOTEIVOUOCA KAl Hia
KaOeTn NnAeupa avTioToIXa I0EC
pia NPOG pia, TOTE €ival iod.

Anodsi&n
‘EoTtw dU0 Tpiywva ABIT kai A'BT

A A
(ox.27) ue A= A'=90°, Bl = B'T" kai

AB = A'B'. Oa atrodegioupe OTI Kal
A A
B = B'. 11 TTpoeKTACEIC TWV BA KaI

B'A' BewpouUpe avTioToIXa TO ONMUEI
A ka1 A', woTe va gival AA = AB kai
A'A'= A'B'. Tote n A gival yeooka-
0etog Tou AB ka1 n IMA' yecoka0e-
TOG TOoU A'B’. 2UUTTEPAIVOUE,
Aoimrov, driFTA=IB kai I"A'=I"'B".
ATTO TIG TEAEUTAIEG ICOTNTEG KAI TNV
Bl = B'l" rpokutrTei oTi FTA =T"A".
‘Etol Ta tpiywva IN'AB kai M'A'B’




gxouv FA =T"A', Bl =Bl kai
AB = A'B' (wg d1TAdOI0 TWV ICWV

TMNUATWV AB kail A'B'), eTTopéEvwg
A A
gival ioa, oroTe B = B'. ToTte Kal T

apxIKa Tpiywva givai ica (MIM).

N

____________ //

A A B

r
N' V7, B’
\___A
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To UYOC ICOGKEAOUC TPIYOVOU
NMouU avTIOTOIXEI oTN Baon &ivai
O1aUECOC Kal SIXOTOHOC TNG

YWVIag TNC KOPUPNC.

H ka@eTOoC Nnou (pEPETAI ANO TO
KEVTPO EVOG KUKAOU NPo¢ Hia
XopOn Tou JIXOTOHEI TN Xopon Kail
TO AVTIOTOIXO TOE0 TNG.

Anodsi&n

Ac Bswpnooupue Evav KukAo (O, p),
Mia xopdn Tou AB Kal TNV KABeTNn
OK 1ng AB, 1TOU TEUVEI TOV KUKAO
oto onueio M (ox.28). Etreidn o
TuAMAa OK gival UYog OTO ICOOKEAES
Tpiywvo OAB (OA= OB = p),
CUNPWVA UE TO TTPONYOUMEVO
TTOPIoHA gival OIANETOG KAl
OI1XoTOHMOG, ONAadn 1o K gival yéco



A A A A
ToUu AB KalI 01 = 02. A(pOl'l 01 = 02

TpoKUTITEl 0TI AM = MB.

4 )

N

"/
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ANAKE®DAAAIQZH
OAgG oI TTAPATTAVW TTEPITTITWOEIG
I00TNTAG OPBOYWVIWYV TPIYWVWV
OIATUTTWVOVTOI CUVOTTTIKA WG €ENG:.
Auo opOoywvia Tpiymva ivail ioq,
oTav £X0UV:
e AUO OHOAOYEG NAEUPEC TOUC
I0EC Hia NPOC Hid.



e Mia nAgupa kai TNV
NPOOCKEIPEVN O€ AUTN O&Eia ywvia
avrioTolixa I0EG Hia Npog Hida.

Oswpnua III

AUO XOpOEC EVOC KUKAOU gival
ICEC av Kail HOVo av Td
anooTHHATA TOUG €ival iod.

Anodsi&n
‘EoTw o1 icec xopdéc AB kai N'A
g£vog KUkAou (O,p) kail OK, OA Ta

ATTOOTAMATA TOUG AVTIOTOIXO
(0x.29). Ta Tpivwva KOA ka1 AOTIT,

A
£XOUV Ik = A =90° OA =Orl (= p) kai
AK =TA (apou AB =T'A). ETTopévwg
gival ioca, orote OK = OA.
AvTioTpopa. EoTw OTI Ta
atrootTAparTa OK kai OA givai ioa.
Tote Ta Tpivwva KOA kai AOI



A A

éxouv K= A =90° OA = Ol kai
OK = OA, eTopéEVWG gival ioq,
OTroTE

AK=TA i AB _TA f AB=TA.
2 2
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OQswpnua IV

KaOs onpeio TNC S1XOTOHOU HIAC
YWVIAG ICANEXEI AnO TIC NAEUPEC
TNG KAl avTioTpopa Kaoes




E0WTEPIKO ONHEIO TNG YWVIAC
NOU ICANEYXEI Ao TIG NAEUPEC
gival onueio TnG S1XOTOHOU.

AnodeiEn

‘EoTw pi1a ywvia xé\)y Kali M Eva
onueio Tng dixotouou tng 06
(0x.30). Pépoupe MA L Ox kai
MB _L Oy. Toéte Ta opBoywvia

Tpiywva AOM ka1 BOM cgival ica

A A
viati £€xouv A = B = 90°, OM KkoIvi

Kol M6A = Mé\)B, ETTOMEVWIG
MA=MB.

AvTtioTpogpa. ‘Eotw M éva
EOWTEPIKO ONMEIO TNS YWViAG.
dépoupe MA_L Ox kait MB L Oy kai
uttoOéToupue 6Tt MA = MB. Téte Ta

Tpiywva AOM ka1 BOM givail TraAl

A A
ioa, apou A = B = 90°, OM KoivA Kai



A A
MA = MB ka1 etTropévwg MOA = MOB,
otroTe To M gival onueio TnG
oi1xotopou O0.

2xnua 30

ATré 1O TTOPATTAVW BeWwpnua
OUMTTEPAIVOUUE OTI:
H di1xoTOHOC HIaC Ywviag €ival o
YEWHETPIKOC TOMNMOC TWV ONHEIWV
NOU ICANEXOUV ANO TIC NAEUPEC
TNC.
Me Tn BonROeI0 TOU CUNTTEPACHMATOG
QUTOU OVTIMETWTTICETAI N ETTOMEVN

OpaoTNPIOTNTA.
61/ 46-47



ApaoTnpioTnTa

Na BpeOei onueio TTOU
ICATTEXEI ATTO TIG
TTAEUPEG EVOG TPIYWVOU

EOAPMOIH 1n

"EoTw Tpiywvo ABTI. ZTnVv
NPOEKTAOT TNG NAgupac AB
(ox.31) naipvoupe onueio E, mote
BE=AB ka1 0TNV NPOEKTACT) TNG
ATl NaipvOULE ONUEIO Z, WOTE
rZ=Ar. Av AA To UYOC TOU
Tpiywvou kai EH, Z0 Ta kabeTa
TUNHAaTa npoc Tnv €udsia BI', TOTE:
(i) va ouykpiBouv Ta Tpiywva ABA
ka1 EBH, xkabw¢ kal Ta AlrA xai
Zlro,

(ii) va anode&ixOei oT1 EH = Z0.



©

---------.L.|I
A
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Auon
(1) Ta Tpiywva ABA kai EBH civai
A A
opBoywvia (A = H = 90°) ka1 £xouv

A A
AB = BE (a1mr6 utmrofeon) ka1 B1 = B>
(kaTakopupnv). Apa, gival ioa.

Opoia kai Ta Tpiywva AlA kai ZI'O
A A

gival ioa yiati £xouv A = O = 90°,

A A
Al =TZkail'; =T,
(1) ATTO TNV 1I00TNTA TWV TPIYWVWV



ABA kai EBH trpokuTrTel OTI

EH = AA. Opoia atro Tnv aAAn
I00TNTA TWV TPIYWVWYV TTPOKUTTTEI
Z0O = AA. ETTopevwg EH = Z0O.

EOAPMOIH 2n

OewpouUpE OUO I00UC KUKAOUC HE
kevrpa K, A ka1 ano 1o pEco M Tou
KA guB€ia € Nou TEPVEI TOUG
kUkAouc (ox.32) oTta onpeia A, B
ka1 I, A avrioToixa. Na anodeix0ei
oti AB = INA.




Anodsi€n

Etmreidn ta tunuata AB kai I'A givai
X0pPOEC icWV KUKAWY, Yia va gival
AB =T A apkei Ta ATTOCTAMATA TOUG
KE ka1 AZ, avTioToIXa, va gival iod.
Ta Tpiywva EMK kol ZMA givai

A A
opBoywvia (E = Z= 90°) ka1 £xouv
KM = MA, viati To M gival yéoco Tou

A A
KA kal M1 = M2 W¢ KAOTAOKOPUPNV.
Apa gival ioa, otrote KE = AZ.

AZKHZEIZ I'A AYZH
EpwTnosic Karavonong
1. 'EoTw guBcia € Kal onueio A €KTOG
autng. AvAB L e kan Al | € (B, I’
ONMEIA TNG €) TOTE:

) B=T > A
i) B#T > A
ii)AB = Al > A

AITIOAOYNOTE TNV ATTAVTNON COG.



2. 'EoTw 1000KeAEG Tpiywvo ABIT
(AB = Al'), A onpueio TG Baong Kai
Ol TTPOTACEIG:

m1: To AA gival UYog ToU TPIYWVOU.
mo: To AA gival OIGNECOG TOU
TPIYWVOU.

m3: To AA gival d1XOTOHOG TOU
TPIYWVOU.

Av yia To AA 10)XUEI Jia aTTo TIG TT1,
T, T3, TOTE ICXUOUV Ol AAAEC OUO
TTPOTACEIG;

3. AlIATUTTWOTE TIC OUO
OVOKEPAAAIWTIKES TTEPITITWOEIG
1I00TNTAG OPOOYWVIWYV TPIYWVWV.

4, 2TO TTOPOKATW OXNMA EXOUME
oX£0IA0EI OKTW opBoywvia
Tpiywva. KaBéva atrdé auta gival ico
ME Eva atro Ta uttOAoITTa. Na Bpeite
Ta JEUYN TWV ICWV TPIYWVWV Kal va
AVO@PEPETE TO AOYO VIO TOV OTTOIO

gival ioa.
66 / 48
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5. ZUNTTANPWOTE TA KEVA OTNV
ETTOMUEVN TTPOTOON:

O @opEAg TOU ATTOOTAMATOG MIOG
XOPONG Eival HECOKAOETOG TNG
........................ Kol OIXOTOMEI

6. Av AB, I"'A gival xopdég evog
KUKAou (K) kai KE, KZ givai
AVTIOTOIXO T ATTOCTHHMATA TOUG
TOTE:



AL AB=TA < KE=%KZ,

B.AB=TA < KE > KZ
v.AB=TA & KE=KZ
5.AB=TA % KE=%KZ,

e. AB=TA & KE<KZ

KUKAWOTE TO YPANMA TNG OWOTNG
ATTAVTNONG KAl AITIOAOYNOTE TNV
ATTAVTNON CaG.

7. Mola gival N XapaKTNPICTIKN
1010TNTA TWV CNMEIWYV TNG
OIXOTOMOU HIOG YWVIAG;

8. AUo opBoywvia Tpiywva 1Tou
EXOouV OUO TTAEUPEG I0EC Eival
mmavToTe iod; Na OIKaIOAOYNOETE
TNV ATTAVTNON OOG.

Aoknoeic Epnedmwonc
1. Na atrodeigete OTI TO UWYN
IC0OOKEAOUG TPIYWVOU TTOU



QVTIOTOIXOUV OTIC iOEC TTAEUPEG TOU
gival ioa.

2. Na a1rodEigeTe OTI TA NECA TWV
ICWV TTAEUPWYV IC0CKEAOUG
TPIYWVOU ICATTEXOUV:

1) amd Tn Baon,

1) a1rO TIG IOEG TTAEUPEG.

3. Na atrodeigeTe OTI TA AKPA EVOG
TMAMOTOG ICATTEXOUV ATTO KABE
guBeia TTou OIEPXETAI ATTO TO NECO
TOU.

4. Av dUO Tpiywva gival ica, va
aT1TOOEIgETE OTI KOI TO UYPYN TOUG TTOU
OVTIOTOIXOUV OTIC iO&EC TTAEUPEG
gival ioca.

AnNOOEIKTIKEC AOKNOEIC

1. 'EoTw 1000KEAEG TPpiywVOo ABI
(AB = AI') ka1 M 10 py€oo TnG Baong
Tou BI'. Na atrodeiete OTI:



1) To M I1oaTtréXel aTrd TIG I0EG
TTAEUPEG TOU TPIYWVOU,

1) n AM gival O1XOTOMOG TG YWVIOG
TTOU OXNMATICOUV Ol ATTOCTACEIG
ToU M a11d TIG I0€C TTAEUPEG HETAEU
TOUG.

2. Na atrodeigete 611 av o€ dUo
Tpivwva ABI kai A' B' I gival a = a’,
Ug = Uy KOI Py = Mg, TOTE TO TRIYWVA
gival ioa.

3. Na atrodeigete 611 av o€ dUO
ofuywvia Tpiywva ABI" ka1 A'B'T”
gival a = a', ug=ug' KAl Uy =U,, TOTE
TA TPiywva gival ioca.

4. Aivetal opBoywvio Tpiywvo

A
ABI (A = 1L) ka1 n d1XOTOMOG TOU

BA. A6 1o A @époupe AE L BT,
mTou TEuVEI TNV AB oT10 Z. Na
aT1rodEigeTE OTI TO TPiywvo BI'Z gival

ICOOKEAEG.
70/48



5. Aivetal KUKAoGg (O, R), ol iceg
Xopdég Tou AB, IN'A Kai Ta
atrooTApAaTd Toug OK kai OA
AVvTIioTOIXA. AV Ol TTPOEKTACEIG TWV
BA kai Al' TégvovTtal oto M, va
aTTOOEICETE OTI:

1) Ta Tpiywva MOK kai MOA givai
ioq,

1) MA = MI' kau MB = MA.

ZUvOeTa OsparTa

1. Osewpovpe Tpivwvo ABI'. H
OIXOTOMOG TNS YWViag A TEMVEI TN
peEoOoKABeTo TNG BIT 01O OoNnueio A.
‘Eotw E ka1 Z o1 rpooAég Tou A
oTiG TTAsupég AB kai Al avTtioTolya.
1) Na ouykpivete Ta Tpiywva ABE
Kai Al'Z.

1) Na AUoeTe TO i010 TTPOBANMA
BewpwVvTaC TNV £EWTEPIKN OIXOTOMO

A
TNG A, n oTroia TEMVEI TN
peEooKAOBeTo TNG BIT oTO ONnueio A,



ME TTPOLBOAEG Ta onueia E', Z' oT1Ig
TTAeUpEG AB kai Al avtioTolxa.
I1) Na atrodeigete oT1 EE' = Al kai
Z7' = AB.

2. Av duo opOBovywvia Tpivwva ABT,
A’ B' I éxouv pia KAOeTn TTAgUpa
ion KOl N TTEPIMETPOG TOU EVOG gival
ion ME TNV TTEPIMETPO TOU GAAOU,
TOTE TA TPIiywvVaA gival ioaq.



BaoIKOI YEWHETPIKOI TOMOI

6.\7 KukAog - MeookaOei10G
- AixoTopoG

OTTWG £XOUME aVOPEPEL, YEWHMETPI-
KOG TOTTOG AEYETAI TO OCUVOAO AWV
TWV ONMEIWYV, TTOU £XOUV HIa (KoIvh)
XOPOAKTNPIOTIKNA 1010TNTA.
ETropévVWwG:

® 0 KUKAOG (0X.33) gival Evag
YEWHMETPIKOG TOTTOG, apouU OAd Ta
ONMEIN TOU KOI MOVOV QUTA EXOUV
TNV 1010TNTA VA ATTEXOUV HIO
OPICHEVN ATTOOCTOON ATTO £vVa
oT00EPO OonuEio.

® N MEOOKAOETOG EVOC TUNMATOG
(ox.34) €ival €TTioNng £€vag YEW-
METPIKOG TOTTOG, a@POU OAa TO
ONMEIA TNGS KAl MOVOV QUTA £XOUV
TNV 1I010TNTA VA ICATTEXOUV OTTO T
AKpPO TOU THAMATOG.



® 1 OIXOTOMOG MIOG Ywviag (oX.35)
gival Evag AAAOG YEWMETPIKOG
TOTTOG, aPOU OAa Ta onMEiIa TG KAl
MOVOV auTA (aTTO T ONUEIA TNG
YWVIOG) ICATTEXOUV ATTO TIG TTAEUPEG

TNG YWVIaG.
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2xnua 35

H avTIMETWTTION EVOG TTPORBANMATOG
YEWMETPIKOU TOTTOU ATTAITEI MIO
101aiTePN O100IKACIA N OTTOIx
TTOPOUCIAJETAI OTO ETTOMEVO
TTApAdEIYUO.

NMAPAAEII'MA

Na BpeOEl 0 YEWHETPIKOC TOMNMOG
TWV KEVTPWV TWV KUKA®WV, NOU
di1EpyovTal ano duo oTabepa
onpueia A xai B.



Auon

‘Eotw M éva onpeio Tou {nTOUEVOU
YEWHETPIKOU TOTTOU, ONACdN TO
KEVTPO EVOC KUKAOU TTOU OIEPYETAI
atro ta A,B (ox.36). Tote MA = MB,
WS OKTIVEG TOU i010U KUKAOU Kal
ETTOMEVWCS TO M avhKel oTn
MECOKABETO € TOU TURUOTOS AB.




AvTioTpopa. Eotw N éva onueio
TNG MECOKOBETOU € TOU AB. TOTE O
gival NA=NB, o1roTe 0 KUKAOG
(N,NA) diEpxeTal Kal atro 1o B.
ETropévwg KAOe onueio TNG € gival
KEVTPO KUKAOU TTOU OIEPYETAI OTTO
T A,B.

Apa 0 (NTOUMEVOS YEWHMETPIKOG
TOTTOG €ival N MECOKAOETOG € TOU
TuAMaToG AB.

2XOAIO

A1Toé TO TTPONYOUUEVO
TTAPAdEIYHA YIVETOI PAVEPO OTI N
AUOnN €vog TTPORBANUATOG
YEWMUETPIKOU TOTTOU OKOAOUOEI TO
£¢nNc otadia:

Otwpoupue Eva Tuxaio onueio M
TOU {NTOUNEVOU YEWHUETPIKOU
TOTTOU KOl ME BAON TN XOPOKTN-
PICTIKN 1010TNTA TTOU £XEl,
mTpoodiopi(ouphe Tn ypauun I




TTAVW OTNV OTToia BPICKETAI.
2T OUVEXEIO KOTOOKEUAJOUME ME
TOV Kavova Kail 1o d1aBnTn tn
YPOMMNA QUTH KOl ECETACOUME AV
TO TUXdio onueio N TNG YPOAMMAG
OUTNG IKAOVOTTOIEI TN
XOPOKTNPIOTIKN 1010TNTO TOU
(NTOUMEVOU YEWMETPIKOU TOTTOU.
Av auTto cupufaivel, TOTE n
vpauun I gival o {NTOUUEVOG
YEWHMETPIKOG TOTTOG.

A2KHZEIZ T'IA AY2ZH

Epwtnoeic Katavonong

2UUTTANPWOTE TA KEVA OTIG
ETTOMEVEG TTPOTACEIG.

1) O YEWHETPIKOC TOTTOG TWV
KOPUPWYV TWV ICOOKEAWYV
TPIYWVWYV HE YVWOTN Baon gival



i) O YEWHETPIKOG TOTTOG TWV
ONMEIWYV TTOU I0ATTEXOUV OUO
TEMVOMEVEG gUBEiEC ival ............

Aoknoeic Eunedmonc

1. Na BpeOei 0 YEWMETPIKOG TOTTOG
TWV KOPUPWYV A TWV TPIYWVWV
ABI, TTou éxouv oTaBepn TNV
mAgupa Bl = a kail Tn diapeco AM
ME YVWOTO MNKOG.

2. Aivetal KUKAog (O,R). AV N
TUXOiO onpEio Tou KUKAou kal M
onueio otnVv TTpoéktaon Tng ON,
woTte ON = NM, va Bpedei o
YEWMETPIKOS TOTTOG TOU M,

otav 1o N diaypdapel

TOV KUKAO.




ZUHHETPIKA OXNHATA
G.\S KevTpikn CUHHETPIA
21NV §2.10 €idape TOTE OUO ONuEia

A, A' AéyovTal CUMMETPIKA WG TTPOG
KEVTPO Eva onueio O (ox.37).

2xnua 37

"evikOTEPO OUO oxNUaTA 2, 2
AEYOVTOI CUHMHETPIKA WG TTPOGS EVA
onueio O (ox.38), av kKal pévo av
KABe onueio Tou Z' €ival CUMMETPIKO
EVOG onMEiou TOUu 2 w¢ TTpog 10 O
Kal avtioTpo@a. To onueio O
AEYETAI KEVTPO CUHHETPIAC TOU



OXNMOTOG, TTOU ATTOTEAEITAI ATTO TA
CUMMETPIKA WG TTpo¢g 10 O oxnuaTa
2 Kal 2'. AnAadn eéva onueio O
AEYETAI KEVTPO CUMMETPIOG EVOC
OXNMATOG, OTAV YIa KABE onueio A
TOU OXNMHOTOG TO CUMMETPIKO TOU A,
w¢ TPog 10 O, gival eTTionNg onuEio
TOU oXAMaTOG. Eva oxAua PE
KEVTPO OUMMETPIAG AEME OTI
TTOPOUCIAlEl KEVTPIKI OUHUETPIA.

Av OTPEWOUNE EVva OXNMO Z, ME
KEVTPO cUuppETpiag To O (ox.39),
katd 180° yUpw a1ré To O, Ba



TTAPOUME Eva OXAMA TTOU Ba
OUUTTITITEI ME TO APXIKO.

4 )
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ATTO TO YVWOTA MOG, HEXPI TWPO
OXAMOTA:

® To guBUYpPOUMO TUAMO EXEI
KEVTPO OCUMMETPIOG TO MECO TOU
(ox.40a).

o H gubBcia EXel KEVTPO CUMMETPIAG
OTTOIO0NTTOTE ONMEiIo TNG (oX.40PB).

® O KUKAOG €£XEI KEVTPO OUMHMETPIOG
TO KEVTPO TOU (0X.40Y).



2xnua 40
EOAPMOIH

To CUHMETPIKO EUBUYPAHHOU
THNHATOG WC NPOC CNUEIO NOU OEV
CGVNKEI OTO (POPEA TOU, €ival
TUNHa iICO0 HE AUTO.

AnodeIEn

‘EoTtw éva Tunpa AB (ox.41), onueio
O 1Tou 0¢ev avnkel oTnv eudeia AB
Kal A', B' Ta cuppeTpika Twyv A,B wg




mpog 1o O avrioToixa. ETreidn
OA'=0A, OB'=0B ka1 A'OB' = AOB,

A A
Ta Tpiywva AOB kal A'OB’ sival icaq,
omrote A'B' = AB. Apkei va aTtrodei-
¢oupe OTI Ta TuRpaTa AB kail A'B'
£ival CUMMETPIKA WG TTPpoG To O.
‘EoTtw onpueio M tou AB kail M' n
Topun TNG MO pe to A'B'. ATT6 TV
TTPONYOUMEVN 1I00TNTA TPIYWVWV

EXOUME OTI A = R‘, OTTOTE TA TPiywva
AOM ka1 A'OM’ gival ica yiaTti Exouv

A A A A
OA'=0A,A=A'kal O; = 0O,.
Etropévwg OM' = OM, 1TOU ONUaivel
oTI To M’ gival CUuppETPIKO TOU M.
Opola To CUMMETPIKO KGOE onueiou
M' Tou A'B’ eival onueio Tou AB.
Apa Ta AB, A'B’ gival CUMMETPIKA
w¢ TTpog 10 O.



G.\Q AZoVIKN CUHHETPIO

21NV §2.14 €idape oTe VO onuEiIa
A, A' AéyovTal CUMHETPIKA WG TTPOG
(d&ova) TnVv eubcia € (ox.42).

~
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"evikOTEPO OUO oxNUaTA 2, 2
(oxX.43) AEyovTal CUHMMETPIKA WG
TTPOG TNV gubeia g, av Kal yévov av
KG0g onueio TOu &' €ival CUMMETPIKO
EVOG ONMEIOU TOU X WG TTPOS TNV €
Kal avtioTpo@a. H eulcia € AéyeTal
afovac CUMHETPIAC TOU OXAMATOG
TTOU ATTOTEAEITAI ATTO TA CXAMOTO 2
Kal 2'. AnAadn pia guBeia € AEyeTal
Agovag CUMMETPING EVOG OXNMATOG,
oTav yia Kabe onueio A Tou



OXNMOTOS TO CUMMETPIKO TOU A', WG
TTPOG TNV &, Eival £TTIONG ONMEIO TOU
oxnuarog. Eva oxnua pe agova
OUMMETPIOG AEME OTI TTAPOUCIALEI
a&oviKn CUHHETPIA. Av éva oxXAua
EXElI WG ACOVA CUMMETPING M1
gubeia g, TOTE N € XWpPIilel TO oXNMA
(ox.44) og OUO PEPN ME TETOIO
TPOTTO, WOTE, AV OITTAWOOUE TO
PUAAO oXediaoNS KATA MAKOG TNG &,
Ta MEPN AUTA Ba TOUTIOTOUV.

e
A

o A
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ATTO TO YVWOTA MOGS OXAHATA

® To euBuypapuo TuRua AB £xel
AEOVEC OCUMMETPIOG T MECOKADBETO
TOU | Kl TOV pOpEa TOU € (0X.450).

/(a) M )

—_— B

A B

o W
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® H gulBcia x'x EX&l AoOva CUMMETPIOG
KAOe guBcia €_1_x'x ka1 Tnv idia N
X'x (ox.458).

" (B) g )

X I1 X
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® O KUKAOG £X€I Aova OCUMMETPING
TO PopEa O KaBe diapETpou Tou AB
(ox.45y).

A )
Y%
4

\(V) B y

2XAua 45y

® To I000KEAEG Tpiywvo ABI
(AB=AI") €éx&1 aova CUMMETPIOG TO
@opEa M Tou UYoug AA (ox.450).

® To ICOTTAEUPO TPIYWVO £XEI AEova
OUMMETPIOG TOUG POPEIC TWV TPIWV
uywyv Tou (ox.45¢).



A

2xXAua 45¢



EOAPMOIH

"EoTw Pi1a €uOsia € kAl Eva TUNHA
AB TOU 0OMOIOU TO £va AKPO A givai
onpeio TnG €. Na anodsix0ei oTi1 TO
OUHHMETPIKO TOU AB OC NPOC TNV €
gival To Tunua AB' ico pJe 1o AB,
onou B' To CUUUETPIKO TOU B 0C
npocG TNV E.

Anodsi&n

TOo CUMMETPIKO TOU A WG TTPOC TNV €
gival To id10 TO A, agpou 1o A €ival
onueEio TG €. Ere1dn n € givai
MEoOKABeTOC TOU BB', givai



AB' = AB. 210 1I000K&AEG TPIYWVO
ABB' n AA gival Upog Kal S1IdNECOG,
apa gival Kal O1X0TOMOG, OnNAadn

A A
A1 = A, 'EoTtw onueio M Tou AB.
®époupe MK L € n otroia 6Tav
mpoekToOei TEMVEI TO AB' oTO M'.
210 Tpiywvo AMM' n AK €ival uyog

A A
Kal O1XO0TOMOG (apou A1 = Ay), apa
gival Kal d1apeEcoGg, OnAadn
KM' = KM, otmréte To M’ €ivai
OUMMETPIKO TOU M. Opoia
ATTOOEIKVUETOI OTI TO CUMMETPIKO
KaBe onueiou Tou AB' gival onueio
Tou AB. Apa ta AB, AB’ givai
OUMMETPIKA WS TTPOC TNV E.

A2KH2EIZ T'IA AYZH

Aoknoeic Epnedmonc

1. Na oxeOIA0ETE TOUG ACOVEG
CUMMETPIOC TWV YPpOauMATWYV: A, B,
AH O, T, X, V.



2. AiveTal Tpiywvo ABIT kal onueio
O. Av A, B, I eival Ta CUPMPETPIKA
Twv A, B, I wg Tpog 1o kKEvTpo O
AVTIOTOIXO, VO ATTOOEIXOEi OTI TA
Tpiywva ABI, A'B'T gival
OUMMETPIKA W¢ TTpo¢ 10 O Kal ioa.

A
3. Av >I<\'A'y' gival N CUMMETPIKA TNG

A
YWwViag XAy, WG TTPOG KEVTPO
OUMMETPIOG Eva onueio O, eSWTEPIKO
A

TNG XAy, TOTE va artrodeix0ei OTi

A A
X'A'X' = XAy.
4. Na atroOE€ICETE OTI TO CUMMETPIKO
gEvog Tpiywvou ABIT wg TTpog Tnv
guBeia Bl eival Tpiywvo ico pE TO
ABI.
5. Na atrodeigeTe OTI N OIXOTOMOG
MIOG YWVIOG €ival ASOVOG
OUMMETPING TNG.
6. EoTw €, £ OUO KABETOI TTOU
TEMvovTal oto O Kal Eva Tuyaio



onueio M. Av M’ gival TO CUMUETPIKO
ToU M w¢ TTpog € kKal M” 1o
OUMMETPIKO TOU M' w¢g TTpo¢ €', TOTE
VO OTTOOEIEETE OTI:

1) OM=OM",

1) Ta onueia M, O, M" givai
ouveuBeglaka.

AVIOOTIKEC OXETEIC

2TNV EVOTNTA QUTH ATTOOEIKVUOUME
TNV AVICOTIKN OXEON TTOU IOXVUEI
METOEU MIOG ECWTEPIKNG YWVIOG EVOG
TPIYWVOU KOI TWV ATTEVAVTI YWVIWV
TOU KOI TNV AVIOOTIKN OX£0N
TTAEUPWYV KOl YWVIWV EVOC
TPpIywvou. ETriong, TrTapoucialouvue
TNV TPIYWVIKA aVICOTNTA.



3.10 Zyxeon eEWTEPIKNG KAl
anevavTl ywviac

KaOe eEWTEPIKN YWVIA EVOG
TPIYWVOU €ival HEYAAUTEPN ano
KaOgpia ano TIC anEvVAavTi YOVIEG
TOU TPIY®WVOU.

Anodsi&n

‘EoTtw Tpivywvo ABI. Pépoupe TN
O1dueco BA (ox.47) ka1 oTNV TTPO-
EKTOOT) TNG, TTPOS TO A, Bswpoupe
onueio E, wote AE = BA. ETre1dn 10
E BPiOKETOI OTO ECWTEPIKO TNG

A A A
ywviag NAx exoupe FAE < TAX = Ags.
Opwcg Ta Tpivwva BAI kai EAA
gival ica yiati Exouv: BA = AE,

A A
AA = Al kait A1 = A, , OTTOTE



A A

" =TAE. Ao TnV TeAguTaia 100TNTA
A A

Kal TNV FAE < Age TTPOKUTITEN OTI

A A

Agg > I'. Opola atrodeikvueTal OTI Kal
A A
A£§ > B.
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(i) KaOe Tpiywvo £xel TO NOAU HIa
vovia opon n apBAsia.



(ii) To aBpoiocpua dUo YywVviwv KAOe
TPIYWVOU E€ival HIKPOTEPO TWV
180°.

3.11 AVIOOTIKEC OXETEIC MAEUPWV
Kdl YOVI®OV

2€ KaOE TPiywVo anevavTi ano
QaVIOEG NAEUPEG BpiokovTal
OHOIa AVIOEC YWVIEG Kal
avrioTpoa.

Anodsi&n

‘EoTtw Tpiywvo ABI pye B > vy (ox.48).
TOTE UTTAPYXEI HOVADIKO ECWTEPIKO
onueio A tng Al', wote AA=AB. To

TPiywvo ABA €ival ICOOKEAEC ME

A A
Baon BA kai ettopévwg B = A = w.

Etreidn n BA €ival ECWTEPIKN




A A A
nUiIevBeia TG ywviag B, givaun B > B,

A
EVW N A WG ECWTEPIKN YWVid TOU
TPpiywvou BAI gival yeyaAuTepn

A A A
amrd T1n I, d5nAadn A, > I. 'ETol
A A
Exouue B > w kalt w > T, eTTOpNEVWG
A A
B>T.

A )

\& '/
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AvTioTpogpa. EoTtw Tpiywvo ABIC
A A
pe B>T. Tote Oa gival kai B >y, yiaTi



ovATavPB =y N B <y Oa eixaue
A A A A
B=I n B<TI avriotoixa, TrTou

gival ATOTTO.

(i) Av HJ1a YwVia EVOC TPIYWVOU
gival opon N apBAeia, TOTE n
angvavTi NAeupa TnG ival n
HEYAAUTEPN NAEUPA TOU TPIYWVOU.
(ii) Av €va Tpiywvo £xel OUO
YWVIEC IOEC, TOTE Eival ICOOKEAEC.
(iii) Av €va TpIywVO £XEI KAl TIG
TPEIC YOVIEC TOU I0EC, TOTE Eival
ICONAEUPO.

2XOAIO0

To TTapaTTavw TTopPICHA (i) Eival
TO AVTIOTPOPO TOU TTOopPicuaTOG |
™NG § 3.2. Ta dUO AUTA TTOPICHAT
ouvowifovTal OTO £ENG: Eva
TPIYWVO £ival ICOOKEAEG OV Kl
MOVO av £xel OUO YWVIEG IOEG.




3.12 TpiywVvIiKn aviooTnTa

N'vwpi{oupe OTI O CUVTOMOTEPOG
OPOMOG METALU OUO OnMEIWYV gival n
guBeia TTou Ta oUVOEEl. AUTO eKPPA-
CETAI ATTO TO ETTOMEVO BeWwpPnua.

KaOe nAgupa Tpiymwvou givai
HIKPOTEPN AnO TO A6POICHA TWV
OUo0 AAAwWV Kal HEYAAUTEPN ano
N d1a¢popa TouG.

AnodeiEn

‘EoTtw 1piywvo ABI. Oa atrodeiou-
ME apXIKa OTIa < B +vy (ox.49). I'"’
OUTO TTPOEKTEIVOUME TNV TTAEUpPA
BA, TTpog 10 A, Kata TuAua AA = AT
Tote TOo TPpiyWVOo Al'A €ival ICOOKEAEG
Kal N A eocwTtepikN NUIEVOEia TNG

A
BI'A, oro1E £XOUUE AVTIOTOIXO



A A A A

A=T,kall; <BIlA. Ao 1IG OXEOCEIG
A A

OQUTEC TTPOKUTITEI OTI A < BI'A, atmro

TNV OTroiad CUNPWVA UE TO TTPO-
NYOUUEVO BEWPNUA CUMNTTEPAIVOUUE
oTiBf <BARa<f+y.Ouola
TPOKUTTTEIOTIB <Yy +taKaly<a+ .
ATTO TIG AVIOOTNTEG AUTEG,
AVTIOTOIXO TTPOKUTITEI OTI O > B -,
avB2yna>y-B,avyz2p,dnAadn
KOl OTIC OUO TTEPITITWOEIG IOXUEI TO
{nToupevo. ETTONEVWG:

B-vy<a<B+yB=y

C oA )
B '.'...“
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KaOe xopdn kUkAou givai
HIKPOTEPN N IoN TNC OIAGUETPOU.

2XOAIO

CevikoTEPO 1IO0XUEI: TO
gubuypapupo TuApa AB givai
MIKPOTEPO ATTO KABE TEOAQOUEVN
YPOMUMN TTOU £XEI AKpa Ta A Kai B.

EOAPMOIH 1n

Av M gival Eva ECWTEPIKO CNHEIO
£VOG TpIywvou ABT, va anodeiyOsi
OTI:

A A
(i) BMr > A
(ii) MB + Ml < AB +AT.
A
A
M 1
B I IxApa 50



Anodsi€n

(1) 'Eotw A (ox.50) TO onueio TOuNGg
TNG TTPOoEKTAONG ToU BM pe TnVv AT
H ywvia BMI™ gival eEwTePIKA OTO
TPpiywvo MAI Kal ETTOMEVWG

A A A
BMIT > A; .AAAG n A €ival EEWTEPI-
K 01O TPpiywvo ABA, o1roTte Oa givai

A A A A
A > A. Apa Ba gival kair BMI™ > A.
(1) Mg epapuoyn TNG TPIYWVIKNAG
aviocOoTNTOC OTA TPpiywva ABA Kai
MI"A TTPpOKUTTTOUV QVTIOTOIXO Ol
AVIOOTNTEG

MB + MA<AB + AA
Kot MIC < MA + AT

NMpooBETOoVTAG KATA MEAN
BPiOKOUUE:

MB + MA + MI'<AB + (AA + Al') + MA
nMB+ Ml <AB + ATl.



'EoTw Tpiywvo ABIT kal onueio A
TNG nAgupag Bl. Av ioxuouv dUo
ano TIG ENOHEVEG NPOTACEIC:

(i) 1O TUNHa AA &ival dIQUECOC,
(ii) 1O THNMa AA gival d1XOTOHOG,
(iii) To TuRUa AA sival Uyog,
TOTE TO TPiywvo ABT &ivai
ICOOKEAEC pE Baon Br.

1 A 2
1
B A/" I
T 2
E
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Auon

‘Eotw AA d1XO0TOMOG Kal OIAUECOG
ToU TpIywvou ABI (ox.51). MNpo
EKTEIVOUUE TO AA KOTA iI0O TUAMO
AE. Tote ta Tpiywva ABA kail ATE

A A
gival ica (BA = Al', AA = AE, A=A,

wg KamKopucpr']v) Apa AB 'E (1)
A
Kal A; = E ATTo TI]VAl E

mpokutrtel Al =TE (2), apou AA

OIXOTOMOG, OTTOTE Al = Az = IIE\ ATro
TIG oxéoe€ig (1) kai (2) TTPOKUTTTEI

ot1 AB = Al'. Av AA gival Uyog Kal
OIANECOG N UWYOG Kal OIXOTOMOG TOTE
£UKOAQ aTTOOEIKVUETAI OTI T
Tpiywva ABA kai AAT eival icaq,
otrote AB = Al'.

E®APMOrH 3n

Av duUo Tpiywva £xouv duo
NAEUPEC I0EC KaAI TIC NEPIEXOHUEVEG



YWVIEC AVIOEC, TOTE KAl Ol TPITEC
NAEUpPEC Oa ival OpoIa AVIOEC Kal
avTioTpo®da.

A A
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Anodsi&n

Ac Bswpnooupue Ta Tpiywva ABI kai
A'B'T" ye AB = A'B’, Al' = A'T" kal

A A

A > A' (0x.52). Oa atrodeioOUNE OTI
A A

Bl > B'T". Apou A > A’, utTdpXEl

A
EOWTEPIKN NMUIEUBEia AX TG A



TETOIO, WOTE BAX = ,IA\\ NMNavw otnv
AXx Oewpoupe onueio A, woTe

AA = A'T'. Tote Ta Tpiywva ABA kai
A'B'l"” gival ica (MI'T). Apa, BA =

= B'T". PEPpOUNE KATOTTIV T

A
Oi1xoTopo AE tTng ywviag AAT,
OTroTE oxXnuari¢ovrail dUo ioca
Tpiywva ta AAE kai AlE, apa EA =
= El. 210 Tpiywvo BAE, éxoupe atro
TNV TPIYWVIKA avICOTNTA OTI
BA<BE+EANBA<BE+El
nBT' <Br.
AvTioTpoa. A BswpPOOUNE OTI
ota Tpiywva ABI kal A'B'T™ givai
AB = AT', Al = A'T" ka1 BI' > B'T"".
A A

Av ntav A = A’, T0T€E Oa eixape OTI

A A
Bl =BT, evw av ATav A < A’, 6a
gixaue oT1 B < BI', TTOU €ival

A A
arotro. ETropévwg, A > A'.



E®APMOTH 4n

Aiveral pia uBegia g, OUO onMEia
A,B npoc¢ 10 i1010 HEPOC TNG KAl TO
OUHHETPIKO A' TOU A 0OC NPOG TNV
€ (2x.530a).

(i) Na onoiodnnoTte onpeio M TNG
g, va anodsixOei o1 MA + MB =

= MA' + MB = A'B. lNoTe 10
afpoiopa MA + MB naipvel Tn
HIKPOTEPN TOU TIHN;

(ii) Z1ra onpeia A, B, T (ox.53B)
BpiokovTal TPEIC KWHOMOAEIC.
KovTa o€ auTec JIEpYETAIl
o10NPOdPOUIKN YPAHHN, NAV®
OTNV onoia NPOKEITAl va
KaTaokeuaoOei oTtadbpoc Z. Z€ noio
ONMEIO NPENEI VA KATAOKEUAOTOEI O
oTabuog, woTe o dpopoc AZINB va
gival o eEAayiorog duvarTog;



Auon

(1) ETre10n 10 A' €ival COUMUETPIKO
TOU A WG TTPOG TNV €, N € €ival
peEoOoKABeTog TOUu AA', oTroTE MA =
= MA' kal etropévwg MA + MB =

= MA'+ MB (1). Av To M d¢v givai
onueEio Tou THAMATOG A'B atro 1o
Tpiywvo MA'B, éxoupe



MA'+ MB > A'B (2), evw avTto M
gival onueio Tou A'B' €xoupe

MA'+ MB = A'B (3). A6 (1), (2) kai
(3) TrpokuTtrTEl 0TI MA + MB =

= MA'+ MB 2 A'B ka1 611 To MA + MB
TTAiPVEI TN MIKPOTEPN TOU TIMN A'B,
otav M = Mg, 6ttou Mg TO onueio
TOMNG TNG € uE TO A'B.

(1) Opola pe 10 (I).

A2KH2EIZ T'IA AYZH

Epwtnoeic Katavonong

1. XapakTnpiote wg ocwoTtn () i
Ad0Bog (A) KaBepia ATTO TIG ETTOMEVEG
TTPOTACEIG:

A
1) H eSWTEPIKN YWwVia Ag TPIYWVOU

A
ABI gival yeyaAuTtepn ammo tn I
2 A



A
1) H egwTepIKN Ywvia Bgs Tpiywvou
A
ABI gival gikpotepn amo Tn I'.
2 A
111) To dBpoiocua dUO YWwVIWV VOGS
TpIywvou gival 180°.

2 A
IV)AvV B > vy (o€ Tpiywvo ABIN),
A A
T0TE B = KOOI avTioTpO®Q.
2 A
v) Av B =y (o€ Tpiywvo ABI),
A A
T0TE B = KOOI avTioTpO®Q.
2 A

2. INa 10 TPiyWVO TOU TTAPOAKATW
OXNMOTOG ICYUEI:

aa=7 B.a=1 vy.1<a<7
0.a>7 €0<ax<l

KUKAWOTE TO YPANMOA TS OCWOTHG
ATTAVTNONG KOl AITIOAOYAOTE TNV
ATTAvVTNON COG.



a

3. Ymdpyel Tpiywvo ABIM pe a = _g_

Kal 3 = %Y— , AIKOIOAOYNOTE TNV

ATTAvTNoN COG.

Aoknoeic Epnedmwonc
1. 270 TTOPOKATW CYXNMOA Eival

A A A
B, > . Na amodeifere 611 B; > 90°.




2. Av o€ KupTO Tanom)\supo ABI'A

iIoxuvouv AB = BI' KouA F va
atrodei¢ete OTIAA=TA. Ti
OUUTTEPAIVETE YIA TN BA;

A A
3. Aivetal Tpiywvo ABI pe B =T.
A

1) T1 €idoug ywvia gival n B;

i) Na a1rodeigeTe 0TI TO UYPOG ATTO
TNV Kopu®n A TéEuvel TnV eubeia BT,
O& ECWTEPIKO ONUEIO TNG TTAEUPAG
BI.

4. Aivetal Tpiywvo ABI kal onueio
A TnG nUIevBeiag Bx TTou TTEPIEXEI TO

A
A. Na atrodeigeTe 0TI n ywvia BAI
gival NEYOAUTEPN, iION N MIKPOTEPN

TNG YWVIOC BAF, av TO onueEio A
BpiokeTal peTAEU TWV B Kail A,
TauTi(eTal ME TO A | BPIOKETOI META
TO A, avTioTOIXO.



5. Av M onpueio tng Baong BI'
I000KeEAOUG Tpiywvou ABI, va
atrodei¢ete 611 AM < AB.

6. 2 opBoywvio Tpiywvo ABI

A A
(A = 90°), n di1xoT6OG TNG Ywviag I
TEMVEI TNV TTAcUupd AB o1o A. Na
atrodeigeTe 0TI AA < AB.

7. EoTtw Tpiywvo ABI ka1 O onueio
OTO ECWTEPIKO TOU Tpiywvou. O1 BO
Kal FO tépvouv 1i6 Al Kai AB oTa
onueia A kair M avrioToixa. Av
ioxvel 011 BO =10 ka1 OA = OM va
atrodeigeTe OTI TO TPpiywvo ABI givai
ICOOKEAEG.

8. EoTtw 1000KeAEC TPpiywvo ABI
(AB = Al') kau K, A Ta péoa Twv AB
Kal Al' avtioToixa. Na atrodeigeTe

OTI AV Ol ECWTEPIKEG OIXOTOMOI TWV
A A
YwVIwV Tou B Kai I TEyvovTtal oTo



onueio A, 1oTe TO TPpiywvo AKA givai
ICOOKEAEG.

9. Oswpoupue IC0OOKEAEG TPIYWVO
ABI (AB = Al) ka1 | To onpegio TOUNG
A A

TWV OIXOTOHWY TWV YwVIwyV B, I'.
Na atrodeigeTE OTI:

1) TO TPiywvo BII" gival ICOOKEAEG,
1) n Al gival d1xoTOMOG TNG A.

10. O1 kwpoTtroAcic K4, Ky, K3
aTTEXOUV a1To TN TTOAN N
(TTapaKATW CYXAMA), ATTOOTACEIG 7,
6 ka1 10 km avrioToixa. ‘Eva
QUTOKIVNTO CEKIVAEI ATTO TNV

KWHOTTOAN K; Kal akoAouBwvTag Tn
o100popun K Ko K3 K eTTIOTPEPEI
otnVv K;. O XIAIOMETPNTAG TOU
YPAPEI OTI YIA AUTH TN O100pouN
oinvuoe amrooctaon 48 km. Eivai

auTo duvaTov; AIKAIOAOYNOTE TNV
ATTAvVTNON COG.



AnoJEIKTIKEC AOKNOEIC.
1. Av o€ Tpiywvo ABI 1o)Uel

a ] .
Mg < 5, VO OTTOOEIGETE OTI

2
A A A ., a
A >B +T. Tiioyxuel otav ua=—2,
4 a

s a .
rl l’la 2 ]

2. Eotw Tpiywvo ABI ye AB < Al
Kal M To péco tng Bl'. Na

A A
atrodei¢ete 611t AMIT > AMB.



3. Aivetal Tpiywvo ABIT pe AB < Al
Kal n d1apuecog AM. Na atrodeigete
oTI:

A A
) MAB > MAT,
T Du< <m
1) > Hg >

1) Mot P + My < 27

4. 'EoTtw KUKAOG (O,R) d1apeTpou
AB ka1 onpueio £ Tng nuievBeiag OA.
Mo KaBe onpeio M Tou KUKAOU va
atrodeixBei 611 ZA < ZM < 2B. (To

TMAMO ZA AEYETAI ATTOOTAOT) TOU 2
QaTT0 TOV KUKAO).

5. 'EoTtw Tpivywvo ABI'. Av n
OIXOTOMOG Oy TEMVEI KABETA TN
OIAUECO Mg, VO ATTOOEISETE OTI:
1) Al = 2AB,

i) AB < BF.



6. 'EoTtw KUKAOG (O,R) ka1 dUo TO6E

ATI\B, FA.AvAB=2rA VO aTTOOEIEETE
oTiI AB < 2I''A.

7. Na atrodeieTe OTI 0€ OUO aviod
TOCO EVOGC KUKAOU AVTIOTOIXOUV
X0pO£EC SpoIa AVIOECS KAl
AVTIOTPOYO.

2UvOeTa Ospara

1. EoTtw KupTO TETpATTAEUPO ABI'A
Kal O E0WTEPIKO ONMEIO TOU.

1) No a1TOOEICETE OTI

OA+0OB+ Ol +0A >

>AB+BF+FA+AA
2

1) MNa 1To1a 6€on Tou O TO GBpOICHO
OA + OB + OI' + OA yiverai
EAAXIOTO;




2. 2 Tpiywvo ABIT (AB < AllN)
TTPOEKTEIVOUME TIG TTAEUPEG BA Kai
['A TTPpOG TO NEPOG TOU A KATA
TuRuata AA = Al kai AE = AB
avTtioTtoixa. H euBeia AE Tépvel Tnv
guBeia BI' oto onueio M. Na
ATTOOEIEETE OTI:

1) TO TPiywvo MBE gival I000KeAEG,

A
1) n dixotépog Tng BME diépyeTal
aT1rdé TO onuEio A.

3. 'Eotw O 10 oONnuEio TONAG TWV
Ol1aYyWVIWV EVOG KUPTOU
TeTpatTrAeupou ABI'A. Na atrodeigeTe
oTI:

1) KABg diaywviog gival NIKPOTEPN
TNG NMITTEPIMETPOU TOU
TETPATTAEUPOU,

1) Al + BA > AB +I'A kai

Al + BA > AA + BT,

111) TO dBpoioua Twv dlaywvVviwyv givai
MEYOAUTEPO TNG NMITTEPIMETPOU TOU



TETPATTAEUPOU KaOI MIKPOTEPO TNG
TTEPIMETPOU TOU TETPATTAEUPOU.

4. 2T0 ECWTEPIKO 0pONG ywviag xé\)y
Bewpoupue onueio I Kal OTIG
TTAEUpEG TG O, Oy Ta onueia A, B
avTtioToIXd. Na atrodEigeTe OTI N
TMEPIMETPOG TOU
TPpiywvou ABI
gival JEYaAUTEPN
atro 20r.




61\3 KaOeTec ka1 nAQyIEC

‘EoTtw pia gvBeia € (ox.54) kal Eva
onMEio A EKTOG auTnG. ATTO TO A
PEPOUME TTPOG TNV € TNV KABETO O
Kal pia rAayia . O1 euBeieg O Kai ¢
TEMVouv TNV € ota K ka1 B
avrtiotoixa. To K, 01TTwGg €ivai
YVWOoTO, AéyeTal TTPOBOAR TOU A
TTAVW OTNV € N IXVOS TNG KOBETOU O
TAavw oTnV €. To B AgyeTal iXvog
TNG guBeiag ¢ N Tou TuNMaTog AB
TAvVwW OTNV €.

4 )
A
K B ¢
N _/
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Av duo nAayia THQHATA €ivai
104, TOTE TA IXVN TOUG
ICANEXOUV AnOo TO IXVOC TNG
KaOeTou, Kal avTioTpoPpd.

Anodsi&n

‘EocTtw AB kal Al duo ica TTAdyia
TuAMaTa Kal AK 1o KABeTo TuRUA
(ox.55). To Tpiywvo ABI eivai
1I000KEAEG Kal TO AK Upog Tou,
ETTOMEVWG Oa gival Kal d1IAuECOG,
onAadni KB = KT.

AvTioTpopa. Eotw 611 KB = KT
210 Tpiywvo ABIT To AK gival uyog
Kal O1auECOG, Apa (epapuoyn §3.12)
TO TPIYWVO Eival IC0OOKEAESC ONAadN
AB = AT
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Oewpnua II

AV ano €va GNHEIO EKTOC
gUOEIac (PEPOUNE TO KAOETO Kal
Ouo nAayia subuypappa
TUNHATA TOTE:

(i) To kaBero THNHa Eival
HIKPOTEPO ano kabe nAayio.
(ii) Av ouo nAayia THAHATA
givdl avioa, TOTE Kai ol




anooTACEIC TWV IXVMOV TOUC ano
TO IXVOC TNG KABETOU Eival
OHOIOTPONWC AVIOEG Kal
avrtioTpo®da.

Anodsi€n
(i) Z10 opOoywvio Tpiywvo AKB

A
(0x.56), n ywvia K gival n HeyaAUTe-
pn w¢ opOdn. ETTopévwg n TTAgupa
AB gival n HeyOoAUTEPN TTAEUPA TOU
TPIYWVOU Kal, apa, AB > AK.

4 A )

® "
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(I)’EoTw €guBeia € Kal onueio A
EKTOG QUTNG. OEWPOUHE TNV KABETO
AK oTnv £ Kai OUo TTAdyia THAMOTO
AB, Al', 6Tou B, I onpueia Tng €
(ox.57).

4 A )

\FB K£/
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Xwpic BAABN TNG YEVIKOTNTAG,
MTTOPOUME VA UTTOBEOOUUE OTI KOI T
Ouvo ixvn B, I' Twv TTAQYIWV
TMNMATWY AVAKOUV OTNV idIa
nUIEVOEia TTou opilel TO onueEio K.



Ag utrof0éooupe oTI KI' > KB (0X.57).
Oa atrodeigoupe oTI Al > AB. Apou

A
10 B gival petagu Twv K, I', n ABI
gival eSWTEPIKNA TOU opOoywviou
TpIywvou KAB, eTTONEVWG

A A
ABI > K= 1L, 3nAadnA n ABI givan
auBAgia. 210 Tpiywvo ABI n

mTAsupa Al BpiOKETAI ATTEVAVTI ATTO
A
TnVv ABI, cuveTTWG givail n

MEYOAUTEPN TTAEUPG TOU TPIYWVOU,
onAadn AlMr>AB.

AvTioTpoa. Ag UTTOBETOUNE OTI
Al > AB. Av ntav KI' = KB, 16T¢ Ba
gixaue Al = AB, 1TOU £ival ATOoTTO.
Av KI' < KB, 1018 CUNQWVA HE TO
mTponyoupevo Ba gixaue o1 Al <
AB, TTOU gival €TTiONG ATOTTO.
ETropévwg KI > KB.



2XOAIO

Tnv 1010TNTA (i) TOU OEWPNHATOGS
Il, TTOU £X&I TO KAOETO THAMO
ouvNOwg eKPPAlOUME KAl WG: N
a1TOéoTAON £VOG onueiou A aTtrd
Mia guBegia € gival HIKPOTEPN ATTO
TNV ATTOCTOON TOU A ATTO TUXOV
onMEio TNG gvdeiag.

EpwTnosic Katavononc

Av AB, Al TTAayia THAHOATO WG
TPOoG Mia guBeia € kal AK 1o KadeTo
TMAMO, TOTE:

1. ZUPTTANPWOTE TIG TTAPOAKATW
I000UVAaMIES

) AB=AI<> .o

1) AB>ANr<< ...coevviviiennnnnn.

2. XapaKTNPiotTe Ws owoTn (2) R
AdBo¢ (A) kaBepia atro TIg




TTAPOKATW OXECEIG KAl AITIOAOYNOTE
TNV ATTAVTNON 00G.

) AB > AK > A
i) AB = AK > A
i) AB < AK > A
Aoknoeic Eunedmonc

1. 211G KAOBeTEG TTAEUPEG AB, Al
opBoywviou Tpiywvou ABI
Bewpoupue Ta onueia A, E
avTioTolXd. Na a1TodEISETE OTI:
|)AE < EB,

i) AE < BI.

2. 270 TTApAKATW oxAMa 1o AH gival
UYog Kal OIAUECOG TOU TPIYWVOU
ABI'. Na ouykpiveTe Ta Tuquarta AB,
Al ka1 AA.



—

B H r A

3. Aivetal TuRua AB, onuegio P Tng
MECOKOOETOU TOU KaI pia eudeia €
TTOU OIEPXETAI ATTO TO A.

1) NO CUYKPIVETE TIC ATTOCTACEIG
Tou P atmrd Tnv gubcia € Kai 10
onueio B.

1) Mola TTpETTel va €ival n BEon TnNG
EUOEIOG €, WOTE Ol ATTOOTACEIG
QUTEG VO Eival I0EG;



EuOsia kal KUKAOC

@ ZXETIKEC O£0EIC EUBEIAC kal
KUKAOU

Oswpoupe Evav KUKAo (O,R) pia
gulcia x'X Kal Tnv atmréoctaon 6 = OA
TOU KEVTPOU O atrd tnv X'x (oX.58).
MeTagu Twv O Kal R 1oxUEl Hia atrd
TIG OX€0€IG: 0> R, 0 =R ka1 & <R.
Oad £CETACOUME TN YEWHMETPIKA
EPMUNVEIA KOBEMIOC ATTO TIC OXECEIG
QUTEG.

 Eotw & >R (ox.580a). Tote T0 A
gival eSWTEPIKO ONMEIO TOU KUKAOU,
OTTOTE KOl KABg aAAo onueio M Tng
guBeiag gival eEwTeEPIKO, apou OM >
OA > R. ETTopévwg, n X'X Oev £XEI
KAVEVA KOIVO OTNMEIO UE TOV KUKAO
Kal AéyeTal EEWTEPIKN €UOEia TOU
KUKAOU.
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® 'Eotw 0 =R (ox.58B). Tote To A
gival KOIVO onMEio TNG uBegiag ue
TOV KUKAO, eEvWw KAOe aAAO onueio M
TNG X'X €ival EEWTEPIKO ONUEIO TOU
(O,R), apou OM > OA = R.
ETTogEVWG, N X'X EXEI Eva HOVO
KOIVO ONMEIO JE TOV KUKAO Kal
AEYETAI EQANTOHEVN TOU KUKAOU
oT10 onpeEio A. To onueio A AgEyeTal
ONHEIO ENAPNCG TNG £UOEIAC UE TOV
KUKAoO. ETriong, oTnv mTepitTTwon
auUTR AEPE OTI N €UBEia X'X EPATTTETAI
TOU KUKAou (O,R) oTto onueio A.
Eival @avepo oTi:

H akTiva nou karaAnyel oTo
ONMEIO ENAPNC €ival KABETN oTNV
EPANTOMEVN.

H epanTopévn TOU KUKAOU O€
KaOg onpeio Tou gival povadikn.

® Eotw & <R (ox.58y). Tote TO0 A
EIVOl EOCWTEPIKO ONUEIO TOU KUKAOU.



NMavw otnv nuiguBeia Ax Oewpoupe
¢va onpeio M, wote AM = R. Tote To
M gival EEWTEPIKO ONUEIO TOU
KUKAou, apou OM > AM = R. 'Etoln
NUIEVOEia AX, agpouU DIEPXETAI ATTO
EVA EOCWTEPIKO onuEiIo, TO A, Kal £va
£CWTEPIKO, TO M, gival pavepo OTI
EXEI EVA HOVAOIKO KOIVO ONMEIO ME
TOV KUKAO, To B. Opola kai n
NUIEVOEia AX' EXEl Eva KOIVO ONMEIO
ME TOV KUKAO, TO B'.

ETropévwg, n X'X €xel OUO Kolva
ONMEIa JE TOV KUKAO. ZTNV
TEPITTTWON AUTA N gUBegia X'X,
AEYETAI TEHVOUOA TOU KUKAOU KOl
TA KOIVA TNG ONMEIA JE TO KUKAO
AéyovTtal onueia TOPNC TG UE TOV
KUKAO. ETriong Aéue o011 n gubBsia
TEUVEI TOV KUKAO.
AVOKEQAAAIWVOVTOG EXOUME:

e Av d > R, n guBsia dev xel
KOIvVa ONHEIA HE TOV KUKAO.



e Av 0 = R, n suBcia gxel eva
HOVO KOIVO ONHEIO HE TOV KUKAO.
e Av Jd < R, n euBseia £xel dUO
KOIVA ONMEIa HE TOV KUKAO.

Me Tnv pEBODO TNG ATTAYWYNG O€
ATOTTO ATTOOEIKVUOVTAI KAl T
AVTIOTPOPA TWV TTAPATTAVW
OUUTTEPOACHATWY. Mg Tnv id1a
gmiong pEB0OO atrodeIKVUETAI KAl
TO ETTOMEVO BEwpPnua.

Mia euOsia kal Evac KUKAOG
£XOUV TO NOAU dUO KOIVA ONHEId.

AnodeiEn
Ac utToB£o0oUpE OTI HIa guBgia € Kal
£vag KUKAo¢g (O,p) Exouv Tpia Koiva
onueia, Ta A, B, I' (ox. 59). Etreidn
OA =0B (= p) ka1 OB = OI' (= p), o1
peookadeTol ¢, Twv AB, BI' avrTi-

otoixda, diEpxovral ammd 1o O. 'ETol



aT1ro 1O onueio O Eéxyoupe dUO
OIOPOPETIKEG KAOETEC OTNV € TIG &, C,
TTOU gival ATOTTO.
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2XOAIO

AT1Tdé TO TTPONYOUHEVO Bewpnua
TTPOKUTITEI OTI TPIO OTTOIOONTTOTE
ONMEIa EVOC KUKAOU Ogv givai
ouveuleiaka. 2Tnv § 4.5 6a doupe
OTI ATTO TPIA PN oUuveEUBEIaKA
onMEia OIEPXETAI EVOC KUKAOG,
TTOU €ival Kal JOVOOIKOG.




3.15 EqpanTopEvVa THAHATA

‘EoTw €vag KUKAoG (O, p) kKal Eva
ECWTEPIKO TOU onpeio P. 2tnv § 6.7
0a doUue 611 a1rd TO P pEpovTail dUo
EPATITOMEVEG TOU KUKAOU. AV A, B
gival TA ONUEIA ETTAPNS AUTWYV ME
TOV KUKAO (0X.60), TOTE TO TUAMATO
PA ka1 PB AéyovTal E(panToOHeEvVa
TUNHATA Tou KUKAOU a1Td TO ONnUEio
P ka1 n euBeia PO d1akevTpIkn
guBeia Tou onueiou P. loylel To

€8Ng Bewpnpa:

Ta epanTopEVA THRHATA
KUKAOU, NOU ayovTal ano
ONMEIO EKTOC AUTOU €ival ioa
HETAEU TOUC.




Anodsi€n
Ta Tpiywva AOP kai BOP (0x.60)

A A
é¢xouv A = B = 90°, OP Koivn Kkai

OA = OB (= p), apa gival ica, OTTOTE
PA = PB.

-
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Av P gival €va EEWTEPIKO ONUEIO
EVOC KUKAOU, TOTE N OIAKEVTPIKN
guBeia Tou:



(i) eival peookaOETOC TNC XOPONG
TOU KUKAOU HE AKpa TAa ONMEia
eENagng,

(ii) OIxoTOpElI TN YWVIA TWV
EPANTOHEVMOV THNHATWV KAl TN
YOVIA TOV AGKTIVOV Nnou
KAaTaAnyouv oTa onHEia Enagng.

A2KH2EIZ T'IA AYZH

EpwTnoeic Katavonong
1. NoéTe pia guBegia €xel dUO, Eva N
KOVEVO KOIVO ONUEIO ME EVaV KUKAO;

2. Eival duvatdév o010 TTOPAKATW
oxnua va givar OA = OB = OT’;
AIKOIOAOYNOTE TNV ATTAVTNON CAG.

O

A B r



3. 270 TTOpOaKATW oxnua ta PA, PB
gival EQATTTOMEVA TUAMOTA, N PK
oi1xotouog 1nG APB, Ta A, N péoa
Twv 10wV AAB, ANB avTioToixa
Kol To M péoo Tng xopodng

AB. XapaKTnpiote wg cwoTn () N
AdBo¢g (A) kaBepia atro TIg
TTAPOAKATW TTPOTACEIG:

A
O
P<KAlM =
B
1) PA = PB.
2
1) H PK di1gpxeTal amrod 1o O.
2
1) H OM digpxeTan amro ta P, A, N.
2

A

A

A



IV) H rpoékTtaon Tou AM dixoTopei
A A
TIG YwvViec APB, AOB kai 1o T6¢0

ANB.
s A

Aoknoeic Eunedmonc

1. Av £xoupe OUO ONOKEVTPOUG
KUKAOUG, VO £ENYNOCETE YIATI OAEG Ol
XOPOEG TOU HEYAAOU KUKAOU TTOU
EQATTTOVTAI OTO MIKPO KUKAO gival
I0EG.

3. Aivetal KUKAog (O, p), Hia
O1aueTPOC TOU AB KalI ol

EQPATTTOMEVEG €1, €2 TOU KUKAOU OTO
A,B. Av Pi1a TPITN EQATTTOMEVN €
TEMVEITIC €1, Ex OoTa [, A, va

A
atrodeilete 611 FTOA = 90°.

3. ATrd e€wTepIkS onueio P KUKAou
(O,R) @EPOUNE T EQATTTOMEVA



TuRuata PA kai PB. Mia Tpitn
EQATTTOMEVN OTO onueEio E Tou
KUKAou Téuvel Ta PA kail PB ota
onueia IN,A avriotoixa. Na Bpe0ei n
TTEPINETPOS TOU TPIywVvou PIr'A wg
ouvapTNON TWV EQATTTOMEVWYV
TMNUAaTwyv PA kai IA.

AnNoOJEIKTIKEC ACOKNOEIC

1. Na atrodeigete 0TI OUO OnuEia
MIOG EQATTTONEVNS KUKAOU, TO OTTOIO
ICATTEXOUV OTTO TO ONMEIO ETTAPNG,
ATTEXOUV ioNn a1TTé0oTAON ATTO TOV
KUKAO.

2. ATT6 onpeio M eEwWTEPIKO TOU
KUKAou (O,R) @€EpOUpE TIG
gpatmrTopeveg MA,MB Tou KUKAOU.
NpoekTeivoupue To OB KaTta ico
TuRUa BI'. Na atrodeigete OTI N

A

vywvia AMI” eival TpITTAaocia TnG

A
BMI'.
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3. ATro e€wTePIKO onueio P evog
KUKAOU KEvTpou O, pEPOUNE T
gparmrropeva TuRuata PA kai PB. Av
M gival Eva ECWTEPIKO CNUEIO TOU
gUBUYpaApMOU TIMA,

OP va atrodeigete OTI

A A
MAP= MBP.
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Baocel tou v. 3966/2011 ta O10QKTIKA
BiBAia Tou AnupoTikou, Tou lNupvaciou,
Tou Aukeiou, Twv ElMA.A. kal Twv ENA.Z.
TuTTwvovTal a1rd 10 ITYE - AIOPANTOZ
Kol dlavépovTal dwpedv ota Anuooia
2xoAgia. Ta BiBAia ptropei va OlaTiOe-
VTOl TTPOG TTWANON, OTAV PEPOUV OTh
O£¢1G KATW YWVIiO TOU ENTTPOCOOPUAAOU
éEvoeign «AIATIOETAI ME TIMH NMQAH-
2H2». Kafe avritutro 1Tou OlaTiOeTal
TTPOG TTWANON Kol OEV PEPEI TNV TTAPA-
TAVW EvOEIEn BewpeiTal KAEWITUTTO Kl
O TTAPARBATNS OIWKETAI CUMPWVA ME TIG
dlatdageigc Tou apbpou 7 Tou vopou 1129
™NG 15/21 MapTiou 1946 (PEK 1946,108,
A’).

ATTOYOPEUETAI N AVATTOPAYWYI) OTTOIOU-
OATroTeE TUHAMATOG autoU TOU [IfRAiou,
TTOU KOAUTTTETOI A1TO  OIKAIWMATA
(copyright), n n xpnnon Tou o€ otroiadn-
TTOTE HOP PN, XWPEIG TN YPATITH AdEIa TOU
Ytroupyeiou lMaideiag, OpnOKEUNATWY
Kol ABAnTiouoU / ITYE - AIODANTOL.
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